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TOIHIAATO COBPAHIA XAPLEOBCEKATO MATEMATHYECEATY
OBIMECTB A. |

22-10 cewmabpa 1885 woda.

Mpueyrersosaan: K. A. Amgpeess, WM. K. IMeiizrs, T. B.
Jdesunkif, A. M. Jamoymosn, M. O. Hosaancriif, M. A. Taxo-
wangpunkif, B. J. Bupungens, I'. B. Jarwmess m A. IL Tpy-
31241 ():y

Opexckrarerscrsosars K. A. Amjpeens.

Mpexuern samarii:

1. T'. ceEperapems OpPOYHTAHD OTUETD O COCTOAHIN B nBATEND-
HOCTH o0mecTBa BB mpomexment 188/, arajeMAYECEOMB TOLY.

2. HpexcBrarers K0I0EEIL 0 BHX0LH TepBaro BHOYCER 33
1885 rogp « CooGmeniif m mporokomos 3achiaHili xappEoBCEare
MaTeMaTHyecEaro obmectsa» (13-4 EHEEKER ¢b HAYaxa m3JaHid).

3. Uwp-me poxomeno o moxywemizm orp II. C., Daoposa crarsu
3 . d™

mofb sarzaBiend: « 06D ypasmemiH s z%un, B 015 A. A,
X

Maprosa crarsm mopd 3ariasiems: « O pacmpexpbienim kopueif nb-

EOTOPHXS YpaBHEHIH ».

Coo6menia. 1885. 1
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4. Ionoweno o mpmceak® mypuasa: « Rendiconti del circolo
matematico di Palermo, 1884—85 ». IlocTanoBaim — nociars Ma-
reMarTHdeckoMy Epy&Ey BB Ilarzepmo moxmmii swzemmiaps « Cood-
meHif XapBROBCKATO MATEMATHYECKAr0 OOMECTBA » M NPEJIOEATH
nocTOAHERE 00MbHD H3jaHii.

5. Jloromeno, 9T0 pejakmia mypmaka « American journal of
Mathematics », m3gaomaroca Bp Baaprumops, mpuciara ofueb H3b
CBOHXD HYMEPOBH 5 Hpejtomkeniend o6mbHa ma « Coobmerida» 00-
wectea. Iocranosmin —mocaars moanni sksemmraps « Coobmerii »
W n3BBETHTD PJARNID aMePUEAHCKATO MATEMATHUGCKATO MYPHALA O
COTJIACIH HA €ro Impe[LI0memHie.

6. Odcymparca sompoch o Gorbe ymo6mows mowbmenin Gmbiio-
TeRA O0WBCTBA,

7. K. A. Andpeess yEa3axb Ha HBKOTOPHA HEYLOOCTBA yCTABA
o0mecTBa W HA HEOOXOZHMOCTH MepecMOTPBTs M JONOAHATH €To.
HocranoBwan MOPYYHTH DPACHOPAXHTEILHOMY EOMHATETY pascMOTpBrh
JCTARD U NPEJCTABHTL Kb OJHOMY H3D crbiyomuxd 3achianiil
HOBYH PeAABII ero.

8. IIpomsBesens BHOODH BB WIGHH PACHOPALATEILHATO KOMH-
Te1a o0mecrsa. V3GpaHm:

a) Ilpepchrarenems — mpodeccops Kowcmammuns Aaexcmwe-
suus Amndpeess.

b) Tosapwmamn mpeichiarens — npodeccopn Mamendi Aae-
weand posuns  Tuxomandpuwnitc n Ipuwopiti Bacuavesuus Je-
SUUK .

¢) Cexperapens — upenojaBareasr 1-# xappionckodf ImMEAsin
Aaexcnii Hemposuus I'pyaunyess.

9. Ilo mpejtomenio r. ceEperapa Npejl0KeHA OHIA UJIGHAMD
ofmectsa JoODOBOABHAA TOJNHCEA HA NOKPHTIE TEKYWEXD PACXO0-
I 0B,
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10. Hpuaaro mpejromenie T. eeEperapa UOCIATH BH PYCCKOe
Qusmko - Xmupveckoe obmecreo B C.-IlerepOyprd mocabymiii BH-
nyces « Coodmeniff » m mpeptomurs o0MBED m3janid.

11. Jloxmomemo o mOIyueHim oOWECTBOMD MOCKB IpejHAyMATe
sachpamia crbryompxs mafaHif m Gpomops:

1) Kiesckia ymupepemrercris msmberia, sa 1885 rogs, Nl 2,
3, 0 1 6.

2) Bammckm HOBOpoGEificEaro O00mMeCTBa ecTECTBONCIHTATENOH,
T. IX, sur. 1 w 2, u T. X, sum 1, 1885 r.

3) BammcEr (uUERO - MATEMATHUECKAT0 00IECTBA CTYAEHTOBT
c.-merepGypreraro ymmpepemrera. T. 1, 1884 — 1885 (amerw
9 m 10, taTyI> ¥ OrJaBIeHie).

4) Wypmaas saemenrapuod maremarmen. T. 1, smm. 18, m T.
I, zru. 1 0 2, 1880 7.

5) Bulletin de la société des naturalistes de Moscou. Année
1884, XX 3 n 4.

6) Bulletin de la société mathématique de Framce. T. XIII,
X} 2, 3, 4, 5, 6.

7) Mathesis. T. V', 1885, mars, avril, mai, juin et aofit.

8) Journal de mathématiques élémentaires. T. IX, 1885,
N 3, 4, 5, 6 m 8.

9) Journal de mathématiques spéciales. T. IX, 1885, Nk
3, 4, 5, 6 m 8.

10) ®usuro - maremarmueckia maykm (amypuaurs, m3jasaenui B.
B. boowamamns). T. I, 1885 1. N 3.

11) Journal de sciencias mathematicas e astronomicas. T.
1, 1878; F. XL 1880 T, 1V. 1883 T. V. 1RS84 wllo N1
XX 1 m 2, 1885, _

12) Rendiconti del circolo matematico di Palermo (Marzo
1884 — Marzo 1885).

13) Th. Bredichin « Revision des valeurs numériques de la
force répulsive», 1885, Moscou.
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14) Teizeira (G. F.) «Integragao das equagoes as deriva-
das parciaes de segunda ordem ». Coimbra, 1875.

15) FEuo-oce «Generalisagao da serie de Lagrange ». Coimbra,
1879,

16) Maremarmueckifi cGopumes, T. XII, sum. 1-if, Mocksa.
1885.



N3BIEYEHIE N3b OTYETA

0 JIBATEILHOCTH MATEMATHYECEATO OBIECTBA, COCTOdA-
IMAT0O OPH XAPREOBCEOMD YHUBEPCHTETS,

3a 1884—1885 arxademuneckit 100%.

[pexcraBras BH rojugHEons cobpamim o0mecrsa, OHBmens 22

couradpas 1885 roga, oruers o eéro pbareismocTH, I. ceEperaph
cxbrars mpezBapmTeapHo OCMiA YEA3aHia HA 3HAUGHIe XapHEOB-
CEAr0 MaTeMATHYeckaro o0mecTBa EAED BB BHLY eT0 COOCTBEHHHXD
whael, Tak® ® Bb CMHCIB YIOBICTBOPeHIA & MOJHATIA HAYIAHXD
HHTePECOBD B0OOME.

Bosnuemia y mach BH CPABHETENBHO HEJABHee BpeMd HE TOIBKO
BH CTONHNAXD, HO M BB IPYTEXD YHEBEPCATETCEHXD TOPOLAXB, 00-
meeTBd €5 UHCT0 HAYUHHME LBIAME, @ BB YACTHOCTH MATeMArH-
YecKig, ACHO CBEIBTENBCTBYWTH, N0 6P0 CIOBAMDB, 0 HOTPEOHOCTH
He TONBEO mpioGphremia, mo m oCuhma HAYYHHXD TEOPeTNYecEaxD
suamiif, morpedmoctn, aBig0melica NpE3EAEOND BHCOEAL0 KYIb-
Typaaro cocroania Tof cpeiH, TAB OHA TPOABIACTCA. ¥ UECHHA
obmectBa XapbkoBa, CPELM KOTOPHXD MATeMATHY6CKOS CYIIECTBY-
6Th YiEe MecTh IBTH, WPEAANTD HTOMY IOPOLY. 3HAUCHIE yMCTBEH-
HAP0 NeHTpa JId mbBiaro spad, HeHTPa, MLB HAXOJLATH YAOBISTBO-
peHie W HOONpeHié KaKh HOTPeOHOCTH 3HAHIZ, TAED W CTPEMIS-
Hi6 ED CAMOCTOATOIBHOMY HAYIHOMY TPYAY.
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Qaxrnuecras eropona IBATEABHOCTH W COCTOANIA MATeMATHYC-
ckaro obmecrsa 3a mocxBjHifl roxb m30GpamAETCH BH CABIYOMEXD
00IEXD  YePTAX'D.

Xapagrepd 3aHATIH OIS TIABHHMB 06pasoMb TOTH Ke, KAKD H
BL Opejsiymie rogs. Iocmoja wienH cofmpalmes BH 3achaamia
Bb 3apambe Ha3HAUCHHEHE CPOEH. BB TeueHim Toja TAKHXD 04epe]-
HEXD 3achjamif OxIo 8; Bb Huxb OHIo BHCIymaHo 14 coome-
Hiif, oTHOCAMEXCA [0 HpedAMYMecTBY Kb BHcumed matemarmgh u
¢murb. Hpowd coobmeniif cammxs wieHoBb obmecrsa GHIO L0I0-
#®eHo HBCKOABEO m3cxboBaHIM, HMPHCIAHHHXD, Kakbh W B NPeIH-
IymeNs TOZy, merepOyprekmmm’ yuenemnm (mpodeccopanm K. A.
Iocce, A. A. MapkoBsus § I-ME Toponopsws u Ilramunknys).
Uncro wreHoORd yBEIAUATOCH TPeMA, WIGPAHHHME B sachiamim 19
okradpa 188t roga. Bn sroms e rogy o0mecrBo IHMEIOCH 0] -
HOTO H3D CBOMXG WIGHOBD, MACTHTar0 mejarora Bacmma fgos-

xepgud Croauoma, ywmepmaro 23 orralpa. Bp macrosmee Bpeus

UHCA0 UIeHOBD o0mecTsa 33.

Bt sroms ropy ofmecTBo mOAYYHIO MpeJIOKEHIA BCTYNATH B
odnban m3pamiii orp 1) upodeccopa G. Teizeira Bb Coimbra,
pefakTHpyomaro kypuass— « Journal de sciencias mathematicas e
astronomicas », m 2) pejakmim ®ypEaia: « American journal of
mathematics », m3zaoomaroca b DBaxprmmops. Ilpepzomenia * orm
OPHHATH, ¥ BH HACTOAIEE BpeMd UHCI0 YUpeEjemii m pejarmii,
¢b KOTOPHME 00meeTB0 ofwbnupaerca usgauiamm, zocTaTIo 26-TH.
Maganie « Coobmeniif » ofmecrsa TPOLOIEAIOCH HA IpERHEMB 0C-
HOBAHiM; W3JaH0 BB Teuenmin roga jaBb (11 m 12) rmmmen « Co-
o0menii ». BubaiorTera o0meeTBa MPOJOIEALA YBOIXUARATECA KAKD
01> HpmEHolIeHIE aBropoBd n ofmbHA, TAKD U BHIINCEOK HA cper-
¢IBa 00IecTBa HBROTOPHXD MATEMATHIECKEXD HYPHAIOBD.

Texymie pacxogm ofmecTea MOKPHBAIMEh, M0 00HYAW, L06pO-
BOJBHOK CRJIATUMHON UIeHOBSH, Ha m3jamie &e « Coobmenii » obme-
cTBY OHIa aCCHTHOBaHA CYOCHIid 0T XapbLOBCKAro YHEBEPCETETA,




O PACIPEIBJIEHIA KOPHEM
HBROTOPH XD YPABHEHIN
A. A. Mapxoea.
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Ypasuenia, o KOTOPHXD uierb pbub BD HacroAumei sambred,
NOIy9alTCA NPH DASIOMENIN Bb HENPePHBHYD Jpobh cabpyomei

PyHEDiE

d
By

b
Tha) S 9(y) dy-»fg -

a s —Y
Ipan sromb MH mpejfuoIaraeNds 4vEcId @, b, ¢, 0 BEECTBeH-
BHME, & DasdocTd b—a, ¢ —0, 0 —c, mepembuHHE nHapamerpb
& u Qysenin g (y), f(y) moxommrerpnmu (mo xpaifnedl wbpb nia
PA3CHATPUBAGMHXD HAME 3HAUCHIE ¥ ).
Hoxomuus BooOIe

- et
| do@y=a | droriw=F (@)

[

Torga nia ompepbresia 3EaMEHATeNI

$0(2) =po + 2.2 + 0,2 + oo+ pu” (3)

n-of Jpobm :" , mopxopamet kb F(2), Oyaens uMbrh cmereny

n

Z

ypaBHerili mepBof cremeny,
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Py (“0 o 680) +.p| (“l "'"'581) + L +.pu (“n e EBn) =()

Dy (“l —HEBI) +_Z71 (“Q—EBQ) +'"+.pn(an+l *EBH,-H) =()

Dy (“n-l"'éBn- 1) +.p1(“n_58n) "l"" 'H?n (“m- 1—56911- ;) =()

(4)

] L

K0Topad, BooGue T0B0pd, ompexbiders ormomenis
Lo B p, Pr-1
Ba" B

A HMEHHO, 31U OTHOWeNig BHDARANTCA 1poGamn crp OLHAM'D H

TEuD Ee SHAMCHATONEMD, DPaBHHMT ubaoit gynxmin % - ojf CTeNeHH
OTHOCHTONBHO &

&y

_"560 » %y '—EBn-na “n‘-n "“Z'@n-n
22} “EBI 7“2“‘562:“-1%: '—E@n
q)n(g)= .

L] ® L] .

« w1
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Hekmovenio npegeranimonsy TOXBEO 18 caygap,

q)n (E) =0.

Bs aruxy UCEINYATOIEHHX' o1
¥ TOHH3HTE T
e {HHLIY.

dig mamedf mhpg BAZKHO 3aNbrny,

Eorma

VIAAXD MOEHO mOTOKmTE Pp=0

AEEND 00DPasoMb cremens o (yseiy Pn(2) Ha

9T0 Ipm

P, (£) pe=0
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Beh KOpHE ypaBHeHIA #-oif cremeHy

?n(z) =0

- ECAa KOHEUHHA M DOTOMY, Ipu GesmpejbibHOMS BO3DACTAHI 0JHOTO
u3b KopHef mocabimaro ypasmemia, & upUOMIKATCH Kb 0LHOMY
u3h Lopuell ypaBHeHia

q)n(é) =0.

-

Bompoes, Eotopomy HOCBAmEHa 9T 3ambrEa, €0cTONTD Bb ONpe-
nbaenin umcxa wopueli ypaBHeHia

"Pn(z) =0’

IeHAMUXD  C00TBBICTBeHIO B HPOMEKYTEAXD 01 — O [0 @,
ors @ J0 b, orb b 10 ¢, 0T ¢ N0 d, 015 J A0 -+ oO.
Phmenie 3roro Bompoca 3aKINYACTCA BB HEECIBIYOMEXD Te0-
peMaxa. :
Trorrua 1.
Bes wopam ypasuenia

¢a(2)=0

BENIeCTBOHHH H pa3mumusn. Y35 HUXb #-— | Hapbpuo Iemardb Bb
nperbaaxs

0rb @ 50 b m orb ¢ 10 0;
Bb upeybraxs e
orb b 10 ¢

HE OJHOTO.
JOKA3BATEIBCTBO.
Jomycrond cHAYAIa, UT0
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¢, (E)=0 npn b<¢=c.
Torza npoussejenie

on(2)

Z—&

Pul(2) = ¢,(2)0(2)

YACI0 OTPENATEIbHOC IPE 2 <<b M HONOEHTONbHOE HPH 2> C, H
noTOMY

b 0
L g @) ea(n) 8(y)dy — & sc f@e. Wb dy (A)

He HYIb.

Mexny rbus, cornacuo ypasueniaud (4), supasenie (A) 101EH0
6HTH DaBHO HYIW.

Mu npumam, rakenb 06pasoMs, Kb UporEBopbBUll, KOTOpOE ACHO
YKa3HBAeTD, 4T0 Me®AY b W ¢ WBI'b HE OJHOTO KODHA ypPABHEHI

¢n(2) = 0.
Hoxommnd remeps, 4r0 memay @ u 0 Gyuemia ¢, (2) whiaders
CBOH 3HAED DOBHO 7 pasb IpH

H COCTABUMD (YHELIN
9(2) o (z--—-w,)(z—a;,)...(z—a:m)(z-—-e),

rb & MPOM3BOIBHOE UACIO, lemkamee MexIy b u c.
Torza

b d
[, s0aow—¢| rwuuimy ®

BO HYJE
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Mezny 15uD, coraacHo ypasHeHiaws (4), Bupamenie (B) pormmo

0pUBOMTCA Kb HYI, 6CIH TOIBEO creueHb (ynsnin 0 (z) wempme 7.
Hogromy

m41=2n 1 m>n—1,

Takuws 00pasoMDd TeopeMa HANA J0KasaHa BHoARb.
Heumsurnis 1.
[pr =0 Beh Kopu:m ypaBHeHid

an(z) =0

JeKATH MekAY @ U b, Takbd Kakb rtorga ¢ymemia ['(z) obpama-
oTCA Bb

dy.

as—¥

Sb 9()

Hanporuss, npn &= oo Bk KOpHM ypaBheHia

Pn (z) =0
e
IbKATD MEKAY ¢ M 0, TAKD Kakb TOrAd QyHENiA o6pa-
WA6TCA B
J o
8 4=y

Heuusuanis 2.
ITpu nenpepuBHONS U3NBHERin & wncxo Kopueil ypasrenia ¢,(2) =0,
JeKAIAXD BD KAKOMD HEHOYAb IpPOMERYTED, ocTaercsd HeH3WBHHHMD

* Cor, nanp., Moe pascyxsenie « 0 HBKOTOPHIXD APUAOKEHIAXD HENPEPHIBHBIXD

apobeiin crp. 22.
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10 TBXb m0pPH, MOKA OXWEL Wb HAXD HE JOCTUTHETD OJHOTO M3
upeBIoBD pascNaTpEBAGMAr0 IPOMEEYTHER.
Hpuusuanie 3.

Ipu nenpepuBrOND H3wbnenin & unero kopuedl ypasuenia ¢,(z) =0,
ICKAIEXD MOELY @ B b, 06TaeTca HOUWBEEHND fo 1HXB I0PS,
n0ka ¢,(a) He ROCTHTHETS 3HAUeHIA DPABHATO HYIW.

By Thxb me cIyuasxs, Borjia ¢,(a) mepexo[uTd Uepesd MyJb,
VIOMAHYTOP BHIIE UHCI0 MOKATH HW3WBHATHCA; 0JHAKO BeARid pasd

ne Ooxbe Kakd Ha eJHHUIY.

Yro me EacaerTca IPOMEEYTEA 0TB 2=¢ J0 z=0, T0 UHCIO
KOpHOH ypasmeHld ¢,(¢)=0, Iemampxb BH HTOND HTPOMEEYTESD,
MOXKeTD H3MBHATECA TOXBEO mpH uepexoxs ©,(d) uepessr Hyib &
TakEKe BCAKIE past He Gorbe Karkd Ha ejmHELY.

Orcwja Hemocpe CTBeHHO BHTeEKatTh cIbIyomas Teopeya.

TrorEma 2.

IOpm Bospacragin & ors 0 g0 o BeH Kopum ypasmeuia

Yn (Z) =0
HoCABA0BATEIRHO HEPEX0JATD
qepess @, — oo, + oo, d

ush mpomesyrsa (a,b) BH mpoMewyrors (c¢,0).
Hosromy ne wopum ypasmenili »-off Cremenm .oTHOCHTEABHO &

¢n(a) =0, ©, (S) =0, ¢, (d) =0

BOIECTBOHAH M OHOJOKATEIBHH.
Lpowh wroro, ecxm 0003HATAND [0 MOPAAEY HXD BEAHUUHE BOPHH

ypasmeria ¢, (@) =0 uepess &, &,, ..., &,
2 D, (é)': 0 » E’nga: seey é'n (6)
2 n ((3) =0 » Euuéﬂw- w3 & n
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ro Gyrewd mwbrp cIBAyoIia HePABOHCTEA

S

<£"1 <E2 <E'2 <E"‘z e <En<€n<£"n' (7)

Hagomemb OTHOCHTeXbH0 KOPHOH ypaBHeHid

MOKOMD YTB

9, (2)=0

eP&EIATH, UTO

upr £"; <F<&i, w—iE3D HOXD TOKATD MCRLY @ 1 b,

9 OCTAIBHHE ¢ MOELY cuo,;

mpr i, <E<Eiy n—i—1 MemAy @ ED,

@ » cua,

O UHD » =00 Ha;

mpr & <b<€lin n—i—1 MeERJy amD,

JEMMA

(Dn+1(£) =

2 » cuo,

0ZHHD » 0| -} oo.

1.

Do bH
1‘;; (mn"—éBn) +§' (“n-i-t —-£8n+_i) + 8

n

\D,(%). (8)

+1’);: (2sn- 1—'56211- W)+ on— EBQn

9ra §op

MyIa TOTYIAeTCA HA OCHOBAHIN TEODEMH O PaBIOEeHin

ompebanTela MO HIEMEHTAMD KAKOTO mnbyp eroxbma (wb jaH-
Howh cayuah moexbamaro).
IroMBIARIE.

Tloxaraa

LI yR00eTBa
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Pn"—_"q)n(é)a

MomeMD wHepemucath Qopuyry (8) cabiyomuns ofpazoms

. b : d
Buss(® = | 90) %)y — & |/ @satw) g0y 9)

Jemna 2.
Ipr ¢, (a) =0 mpomsnegerie

D, (8) . Opyy (B)

TMCI0 OTPHLATENLHOC; HANPOTHBL, upn ¢, (d) =0 tome mpo-
H3BOJGHIe UHCI0O MOJO0RATEIBHOE.

JOKABATEILCTBO.

Opr ¢,(a) = 0 Bupamenie

cpn(z)(z-—-ﬂ
&—q

mpefcraBigers nbIyo dyEEnio %-of cremenm orp 2.
Boadgunienrs upm sucmeif crememnm 2z »b 910  Qymkmin pa-
sens D, (&).

Ha sroms ocmHOBaHiE HeTPyAHO mpeoGpazosath pasemcrso (9)
Bb crbryomee: '

By (8)- Doy (£) = §qw<pn(u) n ) — Jor

= SS (), ) (P”(y) (y dy,

AIePBad 9acTh KOTOPAro, OYEBHJLHO, YHCIO OTPUNATEILHOE, W TOTOMY

,(8).d,,, (¥ <0.

Hoxotauns &e obpasoms mpm ¢, (d) = 0 noxygums




e

‘ n(y).(y—>b
D, (E) dP (E)= sag(y) w0, () Pn(y).(¥ )

—d g

— | e 2L g,

CaspcrBIE.
Beh moprm yparmeni

(Dn-n (E) =0

PACHONOKEHE, O 0 JHOMY, BB cIBIyOMEXD %1 MpoMERYTEAXD:

‘0’51) (E"l?é )J (5”2!5‘.‘.)’ i (é”n'l‘! n)’(znﬂﬂm)'

ComocraBirdas, HAKOEEN®, mocabrmee crbpcTsie €b Teopemon 2,

MH OpEXOJEMT KB cabiywompeil reopemb.
TrEorEMA 3.
Ecan

Eol’ 50’!! HR Eonr Eon-n

03HAUARTS BE'B EOPHA ypaBHeHid

¢H+l (&) = ()
£h BO3pacrammens mopaikb, To nph
E=E%
n—1% -+ 1 wopreil ypasuemis

Pn () = 0

XeEATD MEEIY @ W b, & ocraapnHe k-— 1 Me®Ey ¢ # J.
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MPuMBsuAHIE,
Ipm pasemorpBrin wHpamenii nogobusxs (1) MOEmO mpajTH
Me&Ly mpoumub EB (Qymemiamb Jams *.

Orcoza merpyzEo BEIBTH CBAZL MEELY Mocxbimeln namemn Teo-
pemoli m pomommenHo® T. JlamymoBmMB Teopemoii ** Ilmeiima ma
cuers Qymemii Jams.

* Heine, «Handbuch der Kugelfunctionen», 1878 (§ 102). — Coxouriii, «O65
ONpesBACHBBIXD MHTErpasaxbe..n, 1873 (raasa III).

** Klein, «Ueber Lamé’sche Functionens. ( Mathematische Avnalen. Band
XVIIL). — Aanynoss, « 065 ycToRuuBOCTH SAANNCONABIBHMXES $OPMD PABHORECIA
spamatomeiics xugroctin. G.-lerepGyprs, 1884 (raasa IV').



OTABIEHIE AJITEBPAMYECRON JACTH

'MIEPYAIUNTHYECENX'D NHTETPAJOBD.

M. A. Tuzomanod puykaro.

R VS S e

1. Crocoos Ocrporpacraro mig orgbrenis arredpandeckol yacTy
HHTECPAJoBs OTh DPANIOHAIBHEXE podel, mpuwbrennsi Axerchbe-
BHMD BD ero « MIHTerpanbuoMDt HCUHCHEHIM » KB MHTerpalaMt o1
pHpAKenid, COMePKALUXD KBALDATHHE EOPeHs m3h moImHoMa 2.
CTNEHN, PACHPOCTPAHAETCA ¥ HA THIePILIMITHIECKIC HHTErPATH,
T. . HA HATETPANB 01 BEHPAmEHiH, COTEPRAUUXD KOPeHD Kbaj-
paramil w3 mommioma kakof yronmo cremenn. Ilowaszats 3T ects
whae nacrodued 3aMbrRH.

2. Uwba o BAZY cubiampoe yme caMAMB OGTpOI‘p&,{[(‘EHM% MH
MOREMD OPDAHHUATHCA PascMOTPBHION® HHTETPAIOBD BHA:

|2@ ;7 (1)

)WV R@) R( %)
rib @ (z) pamionaxpRads QyHRLIA Z, Takb Kakb 00U mATeTpAND
OTH BHpAKEHiT, BABACAMWATO 015 KBALPATHATO KOPHA U35 MOIHHOMA
R(x) raxoli yrogso cremenm, Oyerd 01T PasCHATDPUBAEMATO OT-
IMUATHCA HA HETerpats orh pamionaxrHoll ppodn. Pymknia @ (z)
BooGme HempaBEApHAZ APoOh; HCEIOUAA IBIyl dacts, ME OyjeMt

AMBTh:
Coobmsenia, 1885. - 2
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¢ ()

Y(2)’ i

P (@) =1(2) + -—

(x

rih f(z) ubrag ¢yremia, a o IPABRIRHAA P06k, TAETD 970,

03Ha9ad CTOUGHD NOARHOMA N0 Afemw GyEBOW d, MOCTABIGHEOD
UpeAs SHAKOMTD NOAMHOMA, OyIeMD AMBTH:

I (2) <Y (). (3)

Ha ocmosanin (2) mams maverpazs (1) mpusegerca BB cymmh
ABYXD TAEHXD:

s f(z)dz
2v R(z)’

S ¢(z) dx
Y@ 2V R(»)’

g3h KOTOPHXT® Ramgull MH pascMoTpmyd OTHBARHO, HAUARAA CB

e pBaro.
3. Beerga mommo mafirm rtaxodl moimmoms K (x) cremenn He

sucmeld f(x), uro mo mpujaub ero KL f(x) MH NOAyYENMD HATe-
TPags

’\Mtir (1)

goTopHil (ygert HHTErpEpoBATECA AAre6pamueckd, cIBL0OBATENRHO
Oyiers BEIA:

[ [(@)+ K(@) T
v e S e (2)
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rib X whbawii moammonns *. IbHcrsurensao, puddepennupys ero u

yunomas sarbus Ha 2v/ R (z), moxyumws:

(@) + K(z) = X'.2R(z) + X. R (). (3)

* O6man wopma eyacuin ors x n Y R(x) Gyaers voneuno rauan:

® (z)+® (2)V/ R(2),

rab @(x) n @ (x) panionaspHeia @yHEIIA; HO TOTAR, HPOANEGSEPEHUHPOBABY. pa-
EEHCTRO!

Si@lﬂ.@ dz = ©(z) + D (2)V R (2),

2V R(z)
MBl OAY4wAN Gpl 110 YMHOKEHIN PE3yAbTATA HA Q\/ R (x) cabgyromee:

@)+ K@)=0'(2) 2V E@+ ' () 2R(@) + 0 (@) B (@), (2

OTEYAQ CABAYETS, TACH KaKb \/ R (x) pascMaTpuBaeTcAa BCETAA HEHIBAEKOMBIA, U470

&' (zx)=0,

O @)=0C.

Uro & (x) sosxna GhiTb TOANHOND, A HE APOGHAA SYHKUiA, BL BTOMS TAkD YOt~
xaaemca. Ecaubm @ (x) Gpisa Apobuas oyHruis, TO MO pasiokKeHin Ha uacTHLIA

ApoGH OHA UPEACTABHAACL 6bl CyMMOIO YAEHOBL BUAA kiaks <4 ; ecan m Han6oas-
(#—a)
mee sHauenie A, TO BO BTOpPOH uwacTy paseHcTRa (a) BCTPETHICA YAeHD

—Apm2B(a)
(2 — a)m+! !

KoTOpoMy noacbHaro He Gyaers, HO GOTOPBIA AOMKEHD HCUEBHYTDb, TAKD KARD Hep-
Ban wacth pasenctsa (a) ecub whaaa ®YUETIIA; CABAOBATEABHO ecan A, ve =0,
TO A0AKHO GLITH R(“):‘O, T. €. & AOAKHO OpiTh kOpHeM® mnoannomMa R(x); Ho

BB TAKOMD CAyuYah CTAPWIENMT ui€HOMT BO BTOpOHl uactn (a) Gysers Takodl ueds:

—mAR 2R () 4+ Am R' () el Ap B' (&) (1— 2m
(# —ay™ U (e o

KOTOpLIl MOMKETH HCuesiyTh Anmb coraa Am =0, n6o m1 R'(x), uu 1 —2m ne

=0. Ho roraa rtaknwn-we o6pasoMs sgokamercd, uto Am-=0, sarsmes Apm-=0
H Takh 4aabe A0 A,;=0, 1. e. uro ApoGuaa uacrk P (x) papsa HyA0, H CABAC-
satearuo P (x) ects mBAAA SYHKIIA, -

2*
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Orewja cabpyers nmpemge Beero, TAKD Kakh WIS BHcnel
CTETOHH HANMPABO OTH BHAKA DABGHGIBA He CORPamamrIca™, uTo

3 (2) + K(2))=9X +dR—1, (4)

OTRYAR BHXOJNTD, TAKD Kakb A (2) < df (x), wro cremenn moxu-
Homa X

IX=0df(2) — (R —1) (5)
— 135 10 Caunl BOTPOCT BO3MOMEND JUME MOKA
@)= 0r—1, (6)

— 11, cabroBaTeIRN0, UHCAO eT0 HeomperbICHRHXD E03pmiienTosn
Oy LOT:

IX + 1 =4df(2) —(BR—2), (1)

TOrgA RKakbd peBXb ypasHemii, molIyuaeMHXTD UPesnh cpasHemie Kodj-
(UOieATORD TPH OUHAKOBHXD CTENEHAXD & BH O0BEXT wACTAXD
pasederes (8) uncaows

I(f(x) + K(2)) + 1 =dX 4 IR, (8)
Gorbe umena oX -+ 1 Ha
JR—1.
Fean wo pospuess rteneps aa A (x) ndzmﬁonﬁ CTeTeRT
Iy =R =8 - (10)

o 001ee WACT0 Heonpe BACHHEIXD ROIPPUUILHTOBD OYALTH DABHO
qacdy ypasHenili jgda ux® oupexbieals. Sru ypasueuia. seh Oy-
AYI'L He3aBHCUMEL Me:kAy cobom, [bicTeurensHo, ecam MH HMbews:

* Cu. wome puvercted (11), ras 2m— 912 ouesnano Hukorda He MOKETE
6uite =0, ecan m > p—2.
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Biz)e=a;0f 4 ap 287 w72 500 by
() b o B RS T ST
i nonomm; npuHAMag Bo BEuManie (5) u (10),
X, 0" 0 g g8 g g b L = 0 a0
() =8 b= LRl - Bl i e, SR80
70 llepBHA ABA U3 ypaBHeHi, 0 EoTOpHXD uiers phub, Oyayrnd

by=(2m —e+2)a,x,,
: (1)
by=2(m—e+ Daje, +eaya,;

Kakl0e Ke H3b HOCABAYOMUXDH Oyxers cojepwarh Kponb HbKo-
POPHXD o L0 OFHOMY TOXbEO Eoa(@uuienry noxmmoma K, — Oy-
161 HMEHHO BAjA:

by = — [83 _, + AuHeiinas Q)ymmi}l 0Tb (“o:“l:"'dm-P-pi)

— KoropHii He BOHEerh HE BB OIHO W3b OCTAIBHHXD ypaBueHli,
4 TOTOMY BTODHA UACTH HM K0T0paro Hs3h HEXD He MOIYTH OHTH
aunefinoio Pyukiiel ocraxpEmxb. Cabjosarenpno, phmenie Gyrers
0AH0, KoHeunoe m ompepbierHoe, ¥ ush (2) MH DOXYYUMD TOIjL

K{x)dx

f(@)des
S 2V R(z)’

Takuyd ofpasomb upesb orybienie aireipanyscroli YicTH 0TH
HAMero MHTeTPaa MH CBeJeMb €ro Kb HHTErpaxy Toro e BHJA,
Bb KOTOPOMD CTENeHb LOIMHOMA OyAerh He HPeBOCXOLHTD dR ~2.
Bp vacrmows caysah oHa MOmerd OHTHL MEHbIIe R — 2, womers
AQEE CIyUHTHCA, UT0 BED koappumient moduHoma K (r) OKa-
KYTCA PABHHME HYID; Bb TAKOND cayyab Ipe iAok i HBA HaMD HH-
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rerpaxd (1) 6ynerb MHTErpEpOBATHCA AAre0pandeckn, TAED KaKb
BTOpad wacth (12) upmpeserca TOrga Kb NGPBOMY WIGHY oA,
4. Tlepexogs wp mHTErpaTy

V(x) dx
J¥@) 2V R(@)’

b dp(2) <dl(z), MH JOKAKeWS, U0 BeerZa MOEHO HafiTh
rakol mommmows K (z), cremenm wmsmedi whup () -+ IR (2),
910 10 UPEAAYB ero Kb dCIATONN NOAYYATCH BHPAMEHIe:

o(z)+ K(x) dx
Y@ 2V R(@)’

WETOIPUPYIOMEecA aITe0DAHTICCKH, WMEHHO TAKUMB 00pB3ONMB, 9UTO
Oyaers:

e(x)+ K(z) dx 55 X .
S V@ T avEe RV ARt G, A2)
ik '

IX<IV*, (3)

* Wro uwaens necogepmamgiii Y/ R (%) NpuBOAMTCA Kb MOCTOAHNOI, AOKAEeTCA

X

Kah M BBHIE; YTOJKE KACAETCH NPEANOAOKEHiA O mpasuabROCTH ApoGi ; , TO aony-

CTHMB UPOTURHOE N NPEANOAOKHMSB, yTo Bropas uacts (2) ecrs

(o@+3)VE@ + ¢,

AL -I-’ OpapuAbHax Apobh, a @ (r) ybaas @eyEnin ANDCEPEHUNPYA B ABIA HA

\/ R (x);, MB1 NOAYUNME TOrA2 TAKOE pPABEHCTEO:

@)+ K@) 1  ¥X-XY'. X R'(2)
¥(#) 2R(z) Y 7 3R@
' &'

+0' () +0@) ;72 (b)

HO 3AECE WHIOE MOXKET'h 3aKAIOUATBCH TOABKO Bb IMOCALAHMXD ABYX'b YAEHAX'D RTO-
poii uactine Iyers Ay, aM crapuiii waent 8v @ (x); Toraa Bo Bropon uactu (b)
CTapisie waeHbl WEAOH uacth GyAyTn:
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IlBHcrpaTeabro, AudpepeRnupys, UOIYTAMD 10 YMHOKEHIE HE
2V R (2):
¢ (2)+ K(z) (YX'—XY’)
V(@) Y

2R(z) + = R(x),

BIK UpUBOLA Kb OJNHOMY 3HAMCHATEIN BTOPYH YaCTh.

¢(#)+ K() (¥YX'—XY')2R(2)+ XYR'(2)
V(&) 1 :

(4)

31kep Bropad UACTh MOEETH COKDATHTBCA TOIBKO Ha 1banmre-
aefi moaumoma ¥, W KaKp JBa UNeHd YHCIHTONIA COLepHALD Y
MHOKATCAEND, & Tperif ero mpomssoxuyl Y, mommomennyn ma X
u R(x), rib X npocrodf ¢b Y, 10 9T0 COkpamenie MO®ETHb LPo-
miofith ToapKo HA THXD MHommTexed moamEOMa }, KOTOpHE CYThH
obmie mag Y # Y' mm Y u R(x). Osuauas upess ® obmaro
naudoxsmaro phimrens ¢yaeuif ¥ u Y, vaxs uro 6yzers crb-
A0BATENBHO:

e=D(Y,Y), (0)

4 Tahke HOJAaTrad

m A xm-|+A 2 xm-l_'(m""g)Amxm-‘;

(ecau JR (¥)==0); WO DTO 10AXKHO FCUEIHYTh, TAKB KAKD HAABBO OTH 3HAKA == BY
(b) cronT® upasu.ibHAN Apo6b; C.rBAOBATEABHO A0AXHO GbITH Am=0, rakn rakp

m-} g He paBno HYJH, KUK CYMMA HOI0KHTebHEIY s ukcess. Ho toraa rakske 40-
2

raxerca, uro 0 Ay, =0, n vaconens 4,;=0. Jasbe 4, BOHAETH Bb TALON UACHH:

e
" Yo

KOTOPOMY CXOACTBEHBAro MexXAly ApyraMi He Halgercd, Takb KAWb BB HPOUHXD

WAGHAXD CTENeHb uMCINTEAR MEHbIIE CTeNneHH 3HaMEHATeAn WO kpaiinedl Mtps Ha 2

eAsMBObL; cabiopareaso Ay=0, Taxuus 06pa3OMB ® (x)==0, urd n Tpeboraiocn

AOKBIAThs
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T P, (6)
Y,:® b Q: (7)

MH, 10 COKpallenly Ha @ Bropod uacri pasesersa (4), Aajfunb
oMy TaKO¥ BUILB:

¢(2)+ K@ _ (PX'—XQ2R@)+XPR (@)
Yiz) rr B

rih BTOpRA WACTH MOEELD COEPATUTBCHA Yike TOABKO Ha JBamredeil
obumxs P u R (x); nbilcrBaTeabno, BCAKIE MHOKUTEIL ¥ BXOXHTH
wb P ojunn pash, a f(x) EparApxb ne mwbers; garbe X' — X(
upocroe ¢b £, u P BXoauTh MEOEMTEAEND BO Bropod uiendp (8);
uTo ke Bacaerca A0 mHommreded ofmuxs P u R (x), Koropme
MOIYI'b  CAyUdTHCHA, To oHM e pbrars wu R(x), ubo R(x) ne
nubers Epartaexb gbamrened, nn PX — X@), Koropoe, Kakb ceii-
- ¥ach Ya#e yuomanyro, mpoeroe ¢b F. WMrawb, Bropad uacrts (8)
MOEETD COKPATHTHCA TOABEO Ha odmaro mauboapwaro jpbanrers P
¥ H(x), BoropHH 03HAYMMD TaKb:

e=D(P, K(z)); - (9)
BBeAA CHIe olosHAMCHIA:
PiD(P,R(2)) = p
b(x): D(F, LE(x))=r(z), (10)
MH HoaydnNDd n3h (8) 10 CORpAlleHIM Ha 2 TAK0e DABEHCTBO:

@)+ K@) (PX'—XQ)2r(2)+ Xs R'(2) (11)
V() Y.JJ :

rah Bropas wacrh Oyjerds Yike HEcOKPATHMAX JpoOb; UTO &e Ka-
caercd lepBod vacTH, TO OHA MOKETD CORPAATRCA HA HBEOTO-
pui unomuaond ¢; cabjosareapso M Oysemd mubre m3n (11):
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2(1) + K (2) = [ (PX — XQ) 2 («) + XpR (1) ].q (12)
$ @) =V.p.q. (13)

5. Hepsoe u3b 9THXDH PABEHCTBD 1aCTD MOXmAOND A (2), Eoria
'Gy,ﬁ,y'r'b mberas: P, Q,p,q,r () u X. Hocxbpmii, a cb nuys
i K(z) snorss ompepbaarcd,—noexrs woro kawh Oynyrs uskber-
o P, Q,p,q,r (x) u eme },—u3p yeIonia, wroOn HOMMHOND

K(x) =[(PX — XQ) 2¢ (x) + Xp B'(2) | g—9(2) (14)

whaanes Gesn ocrarka na Y. Bs camons pbak, worpa £, ¢, p,q,r (v)
n Y Gypyrs wseberms, vo wo propoi wacru (14) Gyserds rolpko
X + 1 =4V meonperbrennnixs BeJHUnHD, UNMLHHO K03HPALICHTOBD
noansoma X; erbjosareaso i ero onpepbienis, a ¢b HEMB BB~
¢t u K(x), MOKHO TOCTABUTH TOABEO Y yexopifi; a TaKoe 4HCIO
yexonifi u gaers mame rpedonanie pbammocrn K (z) ma Y(z); pad
91010, KAKD U3BBCTHO, OGTATORD Abxemis, Koropwil Oyjxerh crelueHu
8Y —1=10%X, gouxews wnbrs neh cnon 41 osduiienrors pas-
HEMI HYTI0; 1OTOMy ypapHenia ids oupexbieris Kod@uIienToBD
HOJIHHONMA X ¢OMIACHO TOMY TPefoBaHilo M HOJYYUMD, BHIOIHHBD
abaenie wropod uaern (14) wa 1'(x) u mpupaBHEBAA HYTIO KA K-
A koapuuients ocrarka sroro pbaenid. M3p sruxdp ypabhenii
kosppuniedtn X, a cabfosarerbio moroMb M KodpPALienTH Yicr-
Haro: e
[(PX'—XQ) 2 (&) 4 XpR (&) Jg—g(®)

bl v (i5)

puoank oupexbaarca. Ypasrenia sTH BHoaADd ne3aBUCHMH; Bb Cd-
MoMb 1Bab, ecam HBEOTOPHA U3 HUXD OHAK OH CIBICTBIEND C0CTATb-
HHXDB, TO DaBHOe YHCA0 Koodduuienrows moxamoma X, a cibjo-
BarelpHo n caMpii moamAoMb X 0 HBRoTOpOH cremeH:m 0CTAIUCh
OH IIPOU3BOJGHHME; HO TOIAA 3B ABIUMOCTH BIOPOH uactu (14)
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ma ¥ upn mpoussoxpnocty uoxmnond X crbgosao 6n HeoGXo ENENT
obpasons, uro kosddumienrss npw X, X' m mesasumeamifi orb
HRXD YXeHD, T. 8, ¢(x), jodkud pbisrecs Ha Y HO 970 Ho-

/

¢(2)
crbjHee HEBO3MO®HO, HOO JPo0b ——— BCErZa OepeTcd HECOKPATH-

Y )
Mag, a Y uo (13) eerp pbmurensr ea smamenarens (x). Takp
Kaks K () COfepEETD T0IBEO 0) IPOHE3BOIBHHXS BeJMUMHD, TO

er0 HeXb3A MOAYHHMTG TPedoBanl JBIMTLCA HA NOAMHOMB BHCIeH
- K(z)

creuens ubup V; nambousmed crelmeHn cOEpPATHMOCTH APOGM Ok
npafasientofl Kb 1po0d, eTOLmel MOAD HAAMD HHTEIPAJOND, MOK-
HO JOCTHIHYTH, CIB0BATEABHO, TOJBKO YBEIHUEHIEMB CTeNeHH M0~
aHoMa Y,

6. Uap (13) cabayers, wro ¥, p u ¢ cyrs pbaurean ¢ (x),
A TaKD KaKh MH KeJaeMb colpaTh Bb 1 HAUBO3MOEHO Ooxbimee
apcno gbamreded (), qrodu YBOAMUATE €T0 CTENeHb, TO HA A01K
¢ MH JOMRHH O0CTABATh HAMMEHbNIEE UHCI0 WXDB, W00 p BABHCUTD

orb P n cabposarersuo ory Y. Msn (6) mubess
e, I

Aaxbe w3n (10) uw (9) mpeawxymaro §
P=p.z
BHOCA OTCHJA W M3b mpeiwpymaro b (13), 6yrems mmbrs:
We)=0.p".2.q, (1)

oTCOA CIBAYeTD, Wr0 HAEMOHBINIe¢ 3HAUEHIE JJIA ¢ UOAYYAM'D, GCIH
cofepewh Bb HeMh NPOCTHXD MHO®ETexed U (z), OTIMYEHXD 01
uroxATeIel moaumnonma R (x); oOmie ®e MHOKHTENH ¢b HOCIBIHAMD
B34THe OJMHD DPash co6pasd B 2. Hammcasn (1) rakmws olpa-
30MD

V(@)= (0.p)p.4.4q, (2)
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Bb TPOM3BONOHIM p.2.g OyjeMb uwbrs B DPasIAUHHXD MHOHETE-
d0d, vorja Kaws ®p (Gp) Moryrs OHIb W ojWHAKIe, IPAYOND BX0-
pAmie b p OyAyrs BXOZMTE N BB Op; TAEKE MOTYTH BXOLHTH
¥b Op nbkoropse myL Maommrexell :, NPETOND MHOEATeNH Gp He-
npewbano OyZyrs BXOAMTH L0 OJHOMY pPasy Bb pz; Y10 Ke Ka-
caeTed 10 MEO®UrTeaed ¢, 1o oHH He OYLy1'H BXOJHUH BB Op, nbo,
N0 yeIoBi, 910 npocrse muomurexu L (x), OTIAYHHS OTb MHOKU-
reaed o6muxs y Y(z) ¢b R (x). A rtass

p.2.q=1»4

6y1eTh NPOR3BeeHie BeBXD pasanuunxs MuomATeNoH \) (¥), B3ATHXD
no oxmomy pasy. Orcwga cabpyers, wro

Op =D (Y(z), V(2)), (1)

Py=V(z):D(Y(2), V(). (1I)

Taxs Kawb MHOKMTEId ¢ OTIMYHK 0Tb MEOmmrexeld K (x), 1o
ofmii mauGoapwifi pbamrexs Fyg m R (x) 6yxers obmums HAKO0IH-
maws rhamrerens P n R(x), 1. e. 0yiers:

s=D(P,R(z))=D(Py, R(z)) ()

B HOTOMY MOKETD OHTb HaHjeHs.
IBaa wa mero R(x), maiirews r(x):

r(z) = R (2):2; (IV)
abaa Py na 2, Haijens py:
py=Fy:z. , (V)

Taks Kawp pg COLEPEAT> NIPOCTHXD MHOHHTOAeH, HIB KOTO-
DHXb TONBEO BXOJAIlie BB p BXOAATD Bb O.p; m0 p OyxeTH 06-
mif manboapmii brarers pg m Op:
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p=2D(pg, Op). (V1)
Haliga ero, abamyd ua Hero pg u Op; uHoayudMb:
q = pq:p- (Vi)

O=6pp. (VIII)
Ibaa Pg na g madinens ;
| pls L (IX)
nepemnokad L2 n 6, naiigens
Fee 105 (X)
sudepennupys ero maiijews Y, u sarbun ¢ no dopmyab

Y'P >

KoTopasd BEresaers usb (6) u (V) § 4. Tawuws opasows vee,
BXOJAIGe Bb BHpamenie X (x):

K(z) =[(PX'— XV 2r(2) + Xp K'(x) 1g— @ (r) (XII)

_ OyAeTs Tenepp usBbeTHO 0 cTemeny moAuHoMt X BEAOYATETRHO; 0] -

cTaBIafd coja swbero X TMolmmoMb crememm o} — 1 ¢ Heonpeb-
JeHnpMn sopdumienramu n xbra rropyl gacth Ha Y, mpupanumems
RYIN KagIEE 135 0V KoaddumienToRd ENBOWALO HOAYYHTECA OCTAT -
xa; Torjia Gysews mwbrs Y ypasuenii, uss Koropuxs n nafizens veb
KO3 (pUIieRTH LHOTAHONA X ; BCTABIAA MXB Bb UACTHO® 9T0T0 JL'B-'
JAeH1g

K;‘)___ [(£X'— XQ)2r e.:t:);liyﬂ (@) g —e@) _ 1.(z), (XII)

nafigens n unoamnoMs L(z).
Hocat sroro mm Oyjens uMBIEL:




ST R

E o(x) dx = X VR

SL(:r) da
V(@) 2V R(@) Y

s
p-q 2V R(z)’ (Xﬂ )
Hpusny. Mu onpepbamin moankont K (x) m3b yeropis pbaa-
Moern BEpakenia (14) wa 1 mouemy e He Ha APyro
HOAMHOND Toff e cremeny Rakd 1}, KOTOPHIE MOKHO MOXY-
qnTh, 3anbaga HbKoTOpHe MHoKMreId ¥ MRo®ATeNAMA ¢
HO JeTHO BHIBTEH, Ur0 570 HEBO3MOKHO: BB camoMd bk,
TaKh Kakb mepBas rpynua wrenoss vp (14), muba MFHO-
HITeIeND ¢, oueBHAA0 ABIHTCA HA HETO, TO 0CTAILHOH
@1e8p — ¢ () BH TaKOMh clydad TOme JFoImeHs Ib-
TATHCA HA ¢, & 9TO HEBO3MOEHO, b0 ¢ ecth ABamTeNH
V(z). Orcoga crbiyers, 40 BHIEA3I0RCHHOS MPHBE-
IeHie THOCPIIIANTHUCCEAT0 HHTOrPAIA LOCPEACTBOND 01~
rbiaenia aaredpanyeckod yacTm ecThH eJHHCTBEHHOE.
7. Crenens moamnoMa [ () maiigerca msb cabiyomuss ¢o00pa-
meniff, Cremesns 000NXD WIEHOBD BHpPAKEHIA:

PX'—XQ, (1)
Oy neTD
0P+ 30X —1=3P+dV—2,

KAKTL K6 TPYAHO BHABTH, I, TAKD RaKD

dP =y 49z,
cxbayomas s
dp + 02+ ¥ —2;
mo yamuomenin (1) m 2 (r), WH NOIVUAND JJA CTONEHH HpPOH2-
BefeHif:
3+ 0+ & (@) + 0¥ —2=3p+ ¥ +dR—2, (2)
z00

dR =dz + or (z). : (3)
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Bropoil wiens smpamenia 85 | ] Bn (14), mam XII, 6ygers cre-
MeRH TOH-Ke Camoi:

b+ V— 143 -1

Ecan sro smpamenie ®b [ | UOMHOBEMD HA ¢, TO CTONEHH HpPo-
H3BeleRia Oyzers:

dp +dg+ Y+ JR— 2: (4)
TAED EAED CTeHNeHh mocabruaro wmena v (x) ecrs
o (2) <dy (),
am (13) § 4:
o (z) =dp +dy + 37,

T0 MH BHIEMB, YTO BoOOme Oyzers

Jig)—dpi-dg L 4R —9 (5)

Orcopa cxBayers, uro »s (XIII) Bropoff umens pasofperca, mo
L(x

- (z) .
pasiomeniu podn s Ha npocTbimia, Ha CYMMY HHTErpATOBD

TOT0-#6 BHIA2 Kakb Bo Bropod dacri (12) § 3, noropme pasdm-
BAOTCA HA MHTEIPAJE IePBar0 W BTOParo pojd — ofpalanimiecs
Bp 0 14 x= o0 ,— I HHTEIPAIH TPETHATO POAA, BHAA:

g Adzx
(2—a)2/ R(x)’ ‘

o

ofpamapuiiecs IOTAPHONHUCCEA BD o 14 & =«,

V (@)= %V E(a).

8. Iogcamns uaxomensoe b5 § 6 cabyonuus npaubpons. ycrs

GAHD HATETPALD

S (x*41)dx ; (1)
2 (z— 1)y v*—1

nafijens 1a8of volaHoM: K {(x), uro0H OHAO



= Sk e

(:r‘!—l—l—l-K(dex_E =

Bt mamewt marerpaxh cxbpoparersmo:

R(z) =2°—1 (3)
o(z) =2"+1 (4)
V(r) =2’(2—1), (5)

H moTOMy Oymers:

I DW(z), V' (2)=D(@*(x—1),82'—22) =2 =0p;
11 V(@):0p=a*(x— 1)iz=2(z— 1) = Py;

M DRy, B@)=D(w(e—1),5°—1)=0— 1=D(P,R(z))=2
IV R@)e=@E'—1)i(c—1)=2"+2+4 1l =r(2)]

¥ PQsza;(a:——l):(m—-wl)=m=pq;

VI D(Opipg) = Diw,5) = memp:

Y pgp=z10=1==y;

VII Opip—nie=1=0;

IX Prg=z(z—1):l=2(z—1)=0P;

X Y=0.P=1.z2(r—1)=0*—2; "=22—1; d¥=2;

Y. B 22— 1).xz(x—
XI (= ——= ol gy

Z(2x~—1)

TAED KaED 41 =2, T0 mOZaraexs
X=ar+b; cibg. X'=a,

0 TNOTOMY H¥bews:




— ff14 o

K(z)=[(PX'— XQ) 2r (&) + Xp. B (2) | g —% (2) =
=[{z(z—1)a—(az +b)(8z— 1)}{2(2’ + 2+ 1} +
+(az+5).2.32°].1—a°—1 = |
=az'— (20 +0)2°* — (20 + 20 + 1) 2* — 202 4+ 20— 1.
Ibaa va Y=2"—x, H0IyIINbs BH YACTHOND:
L(z)=ar*—~(a+b)z—(3a+3b 4 1),

a BH O0cTarkb:
—(Ba+5b+1)x 4 20— 1;

noJarad
3a+5b-+-1=0,
20—1=0,1|
HAXO JHAD :
T il
4= = b = 3-}
cabia.
¥ Ta— 3
X=—
: 6
/]

Tl % (it ke 0}

U HOTOMY OKOHYaTeXsHo OyjieMb HMBTE:

[ 21 dz To—3 -

e
2} (z—1) 2y z*—1 6z (z— 1Y

1 57:102—4.7;—6 dx

6 z /w1

-

Hocabyuid nurerpanrs pasobpercd ua Tpm marerpasa 2-ro, 1-ro
4 3-ro poja.



IIPOTORKOID BACBIAHIA

18 oxrTasra 1885 rogxa.

Ipmeyreropaan: K. A. Amgpeess, I'. B. Jemmygiii, A. B.
Maesckiit, M. 6. Hosaxsceift, A. M. JTanymoss, M. A. Tuxo-
mangpuneili, A. IL. T'pysmamess & IT. CTYIEHTH QU3MEQ-MATeMA-
THYECEATO (paryipTeTa.

Hpe,mc%nmwmcﬁosam L. A. Anppeess.
HOpegmers samariii:

1. A. M. JanyroB® foxomurs cojepmanie cratsd A. 4. Map-
xoéa TWOND 3ariaBient— « O pacmpenbrenim Eoprefl HBEoTOPHXB
ypasmeriii».

2. Ownz-gice COOOMAID ¢BOKH 3aMBTEY MOAD 3arrapieMs— «Dopuy-
13 A moreHmiaasnofi GyHENim s1ImmComAa HA BHYTPEHHION TOUEYD.

3. M. A, Tuzxomandpuyrkii Tpoueld CBON CTATHO IOJH 3a-
raapiens— « Orybienie anrefpandeckoll acTy rmmeparIANTHYSCKAXD
HHTeTPATIOBD Y.

4. B. A. Angpeens m M. A. Taxomamgpnukifi mpejrommin Bb
uIeHH 00mecTBA I. HHCUEKTOPa XaPbKOBCEAr0 TeXHOJIOIHUCCKATO
mEeturyra A. C. I'pmnas.

MocramoBreno: GarIoTmpoBaTh BDL crbiylmee 3achiamie.

Coobmenia. 1885. 3
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5. T. mpeschrarers coo0mMuID 0 MOIYYeRIN CIBAYOIUXD BHATD:

1) Jornal de sciencias mathematicas e astronomicas, publicado
pelo Dr. F. G. Teixeira. Vol. VI, ¢ 3 (1883).

2) Hporororn 39-ro m 40-ro sachpanmiii MaTeMATHUGCKOH Cek-
I KasaHCKaro o00mecTsa ecTeCTBOHmCHHTATeXeH.

8) Journal de mathématiques élémentaires et spéeiales. X 9,
(1885).

4) Mathesis, % 9, (1885).

5) American Journal of Mathematics. Vol. VIII, % 1.

6) 3ammcem obmecrsa crysentoss Cmo. yamsepemrera. Toms 2,
. 1—4.

MroTok0AD 3ACBIAHIA 15 HOABRIL

Mpueyrersosaam: K. A. Anppeess, M. A. Tuxowmamppmmgii,
B. I. Kopumuess, A. M. Jlamysoss, I'. B, Jesmugiif, M. O.
Ropaasesif, C. A. Paescrii, A. A. Raomumsoss, A. B. I'peua-
gnaoss, B. II. Arexcheseriii, U. JI. Illryrapess, M. C. Hocenxo,
T. A. Cummagoss, H. . Ilmrsumsoss, A. II. T'pysasmess m rIr.
CTYJGHTH (H3AKO-HATEMATHUCCKAr0 (AKYIBTOTA.

Mpegebrareasersosans K. A. Amgpeert.
IIperuers 3amarii:

1. T'. npexcbaareds K0X0®ETD O MHCHMS, MOAYIGHHOMD HND 0T
cekperapa mareMarmueckaro Epymga B Hazepwo, ¢b BHpameniend -
Orarojapuocts 3a mockannba eMy «Coolmenmia X. M. 0.».

2. Oup-®e JOTORHID 0 MPACAAHHOND OTT EAHAJCEATO HHCTHTYTA
Bb Toponro mymepds mypraza Proceedings of the Canadians Insti-
tute, Toronto, (July 1885). :

HocranoBrero: 0JATOJAPHATH, BHCIATH MOCABAHIe TPH BHIYCEA
«Coo0menif X. M. 0.» U HPeAIORHETE 00MBED M3TAHIAMHE.

s



— 117 —

3. Ipoumrans mpoekrd mewbmemia nrbiicTywmaro yerasa X.
M. 0., COCTABIGHHHE PACHOPALUTCILHEMD EoMATeTOMB. IlocTamon-
TeH0 XojaralierBoBaTh 00D YTBEDRACHIA €I0 COTIACHO CH HOBOIH
pelakmiei.

4. bBarrormposazca BB uaens oomecrsa A. C. I'puuaif, micmex-
TOPD XAPHEOBCEATO TeXHOJIOTHUECKAT0 WHCTHTYTA. V30pam® efuuo-
TIACHO. |

5., M. O. HRopamscrifi marommrs comepmamie crarsm II. C.

i

. o
Daoposa— « 00D ypasmenin Ty 2w ».
X

6. A. M. Jdanyno6s 000IEID CBOW CTATHI IOLH 3aTIABieMD—
« Hbroropsa obobmenia dopuyrs Jupuxie [1d norenmiapuof fpyﬂm-
um HA BHYTPEHHDD TOYEY».

. A. II. I'pysunwess TOKAZAIB, WI0 %owmu  6¢m TPIMEDH,
IpUBOJUNMEE BH 33JAUHAEAXD H DPYEOBOJCTBAXD N0 9IeMeHTapmof
axre0ph HA COBOKYIHHA ypapHemis 2-if cremenm ¢b 2-ua memspher-
HHMH, CYTh UACTHHE CIyYam G.I[’ﬁ,II,YIOIIHIX'LA 6orbe 0OmuxD HopHD:

1) az® +bay +cy* +dz+ey=T1,
0693+5y=‘}’,

ik a, «,... cyrb HBKOTODHE EOS(PUIieHTH ;

2) ax® 4 bay + ay® +dz £ dy =f,
az’® + Boy + ay® + dv £ dy = o.

Bp srowd caygad Hajo ymorpeuTh mOJCTAHOBEY:
rEy=u, xy=o.

3) axy + bz + cy =
axy + Bx -+ yy =4

4) ax’ 4+ by +cy®=d
o + By +yy’ =J.
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8. Noxomemo o moxyuemim B Teduerie mocxbpraro wheama crb-
IyOIEXD EHATD: '

1) Th. Bredichin, Sur les oscillations des jets d’émission
dans les cométes.

2) Kiepcria yamsepcurerckis mspberia. X 8, 1885.

3) Mspberia MOANTEXHAYCCEATO 00MECTBA, COCTOAMAr0 IPH MOC-
KOBCKOMD Texmmueckowp yumimmb. Bmm, III ¢p arxacoms wep-
rewkeil. 1885.

4) Ousmro-maremarmieckis mayem, X 9, 1. I, 1885.

5) ilvypuars sremenrapuod marewarmem. N 5, r. IL

6) Maremarmuecsif cGopmmes. T. XII, Bum. 2-#, 1885 r.

7) Mathesis. Octobre, 1885.

8) Journal de mathématiques élémentaires. X 10, 1885 r.

9) Journal de mathématiques spéciales. N 10, 1885 r.

10) @Hypuars pusngo-xumugeckaro obmectsa ¢b V' 1. mo XVII.

11) Tuzomandpuyrith — 00 00pamieRin THNEDPITTHNTAICCRAXD
HHTErPanons. Xapskos. 1885.

12) Ero-sce — Oruers o sapariaxs 35 Jeimmurk.

IlroToB0ID 3A0BIAHIA 13 JERABPA

Ipucyrersosaan: K. A. Augpeess, I'. B. Jlesmmsiif, M. A.
Tuxomangpunsifi, A. B. T'peuanzmoss, B. J. Rmpmnuess, A. A.
Baomancoss, A. M. Janyross, A. IL. I'pysuemess u IT. CTyAGHTH
MaTeMarnyeciaro Pparyrnrera.

Mpexcbaarerserrosars K. A. Angpeess.

HOpezxers sapariii

1. T'. mpegebparens mpouerb nmcpymo T. Droposa, cojepmamee
npocsdy BHEEIaTh . PropoBy «Coo0memia x. M. 0.».

IMocranoBIeHO: BHCHIATE.
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2. I B. Jesuyrit coobmurs— «0O mopoif 385315 BB TyMARHO-
crn ABIpOMOIH Y.

3. K. A. Angpeens mepexars coxepamanie saubren II. C. Pao-
066 MOTB 3aTIABI6ME— « BaABECHNOCTD MEEY YACTHEMA HHTEIPAJAMH
JumeHHHXD ypaBHOHif». ‘

4, M. A. Tuzomandpuysit 310K 8010 sanbriy—«O Ko-
meuHo pasmocTH #-TO WOPAZEA OTD IoTapHeMa QYHENIH 0fHOE He-
sapucuMoil mepemBHHOE».

5., I'. mpexchrarerr ROIOEEID O moaydenin cIBIyOIMEXE H3-
Tamii: ;

1) Jornal de sciencias mathematicas e astronomicas, publi-
cado pelo Dr. F. Gomes Teixeira. Veol. VI, } 4 (1885).

2) Journal de mathématiques élémentaires. Je 11, 1885.

3) Journal de mathématiques spéciales. & 11, 1885.

4) Mathesis. Novembre. 1885.

5) Bulletin de la sociéte Impériale des naturalistes de Moscou.
X 1, 1885.

6) iBypuars orememrapuoif waremarmem T, IL, X% 6 um 7.
(1885).

7) Maremarmueckifi cGopamgs. T. XII, smm. 3, 1883.

8) Kiescris ymmeepcurerckia mspberiz. ¥ 9 m 10, 1885.

9) #ypuars pycckaro Ppusmeo-xmumIeckaro obmecrsa, T, XVII,
san.- 1,2, 8,4, 5,6, 1.1 8.

10) ®usmio-marenarndeckis maykm. X 3 (rows I), 1885.

11) American Journal of Mathematics. Vol. VIL, (July,
1885), Number 4, ;




HBHEOTOPOE OBOBIIEHIE

OPOPMYABl AEXEHbB-AUPHXAE

LIA MOTEHRIANBHOR OVYHEIIN HAXMUCOMJA HA BHYTPEHEND
TOYKEY.

A. M. Tanywnosa.

LR o

1. Ipeamers sroii sambriu cOCTONTD Bb PAsHCKAHIN 0CO0EHHATO
BHPAKOHIA IIA MHTErpAL

([ PV E=BF =1 F(—0D)
V— =
555 VG T T

pacmpocrparensare ua BehH BellecTeHnHA smauenia £, #, ¢, yn0B-
IeTBOPAILIA  YCIOBIN

52 {’
Bk

Bb IPeLUONOKeHIN, Y10 %, Y, 2 TAKES YIOBIOTBOPAKTH YCA0BIK
2 »2

&
Stz

m gro ¢yEEnia F(s) pemecrnemnoi mepenBmHOE s TaoBa, UTO

MO®OTD OHTh Haiijema ¢pyEmia F(s+ity — 1), pua ¢=0 of-
pamaomaica 85 £(s), u UpHTOMD CHHEKTHUOCKAA JI4 BeBXD 3HA-
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weifi rommrercmoff mepewbmuoi s 4 v/ — 1, MOLJIN EOTODHXE
He IpPEBOCXONATH %, mpuuemd %k joxmmo Gurh Goxke 2.4, ecanm A
ectTs Hamboxpmas u3b seamunss 4, B, C.

Monaraa

VE@—8 + = + (= =7

I HASHBAA UePesh d7 9YIMEHTH 00BeMa HIAANCOHLA

xa y? ZQ
s R et
MH Haizemb |
7 5 i”dr, (1)

rjb mHTerpasb PacupocTpaHenD Ha Bech 00BEMB HTOTO HILIRMCOMAR.
V typers, cabroareasno, IpeeTaBLaTh TOTeRNIAIEEYD (YHELi0
PA3CMATPHBACHAL0 HIIMNCOHIA HA BHYTPEHHOWH TOYRY A4 TpATA-
KOWiA, 3AKOHD KOTODATO B (YHEIiE PA3CTOANid BHPAKAETEA (OP-
MyI0H ‘
F(ry - F'(r)

r? r

Bupamenie, Eoropoe MH Upepuolaraend HaligTm 1ld mea, Oy-
IeTh 3aKI0YATH BB 0B, Rakb vacTHH ciyqaﬁ, u3BBeTHOE BH-
pamenie Jlmpuxae, moxyuaemoe mpy F(r)=1. _

B cmry erbrannaro npeimorodkeHia OTHOCHTEAbEO Pynsmin F(r),
Ha 0CHOBANIN mBETHOR TEOPONH MONYTMIE:

Flry=o,ta,r+a,r*+..., (2)

&S oy, o6 W T. J. e BABHCATH 015 7, U 9T0 Pasiomemie fyAE-
min F(r) Oygers cupaBeLIEBo fia Bebxs smaweniif », Berphuan-
Iuxed Bb LoxbmETerparsmof ¢ymrnim Bmpamenia (1).
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Tagnys 00pasond MH Hafzews:

=_f.\>
V=) a,U,, : (3)
={)

rib
U, = S ™= dr,

Bonpoes mpmBopmres, crbrosareIbno, Eb PasHCEAHID BHpPAEeHid
ma U,.

2. . Pasmcranie U, momers OHTH 0CHOBAHO HA cIBIYIIIXH Te0-
DeMax®:

Teopema 1. U, ecrs ¢pyuEnia ords =, vy, 2, A, B, Cu k-
IAT0 TOTOEATEIbHAr0 (IIN DABHATO HYIN) UACIA %, YAOBIETBO-
PADIAL JCIOBIAND:

1) U, yrosiersopders UYeTHPeMD CIBLIYOIEND VPABHEHIAND €'b
YACTHEMU MPOW3BOJHKMA M Bb KOHEUHHXD PASHOCTAXD:

dU,H" 0T, TN )
E— 1) (a5 + 452,
6Un =
Sp=o+0 (9524850, | @
0*Upsg
S (n +1)(z——+o—
: 1 | S anpy dUn
Uy = g | 4* S5 + B 52 =1 ®

b U,° ecrs smauenmie U, mpn g=y=2z=0,
2) U, ecrs wernag QyHENid OTD 2, ¥, 2.

3) Iua n=0 1 n=1, U, ompexbraerca popmyramu:
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(¢ 0] 1 R x? = y? = 22
U, = WABCJ il Tobh (Db
V (4 +A) (B4 A)(C°+A)

0

o %wABO.

Uro ¢yaemia U, yroBIeTBOpAeTd ABYND HOCIBIHUMB YCIOBiAMD,
or0 oueBmAHO. IloaroMy ocragérca TOIBEO MOKEA3arh, UTO OHA YA0B-
AeTBOPAETD MePBOMY.

Jderso Bupbre, uTO

a ¢b jgpyroii cropomm, merpyiHO yOBamrecd, dTO

G
n=1 n+1
rtdy =2l —-—-—Saf dr
S ¢ " n410z :
OTEyLA W HOXyduaercs mepsoe m3b ypasmemii (4).
Iarbe, sawbuas, uro pupamenie gia U,° wmomers OHrb upu-

BOJEHO KD BOLY:

T T —_92+2
2 9 .
vem 2 (fp . ? snsasay,
w2 )

i)
' sin?dcos?y . sin?dsin*y  cos?d

A'Z BE . 02

MH JeTEO VOBE{aeMcd BB CIpPaBeLIHBOCTE ypasmenia (9).
Teopenma 2. Yeaosia 1), 2) n 3) Buoamh onpepbrantd gyas- -
Hiwn-U..
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Bs camons ybrb, uyers V,, yrosrersopsaers yeaosians 1), 2)u 3).
Bs ragons caywab ¢ymenis W,=U,—V, Oyiers yrosrerso-
pars yeaosiawp 1) w 2), a jua n=0 u n=1 Oyzers upu-
BOANTECA Kb HyIw. Ho ecam pia xaroro-imbo smauenis 7, W =0,
T0 BB cmxy (4)

O Wasa " Waea 0 0" Wasa _ 0,
gt COPRE R T SRV S g

o cabp.
Wy = awyz 4+ a,yz + b2 + o2y + 0,2+ by + ¢,z + ay,

riB @, a,, b, mw 1. 1. HO 3aBHCATD 01D %, ¥, 2 Bb cmiy &e
yeroBia 2) w ypapmenia (5) Beb HTH TOCTOAHEHA @, @, b, &
T. J. LOXEHH OHTH Hylamu. Tarmus o0pasoms OEazmBaerca, uTo
oW =1

Hpumnyanie. Eern morommms

1) (0" + 4T )= 1o 2),
(n+ 1) (952 + B ) =eulo,3,9),
4+ (252 + 05 ) = V(o 2,

10 X1 BHuwmcxemia U, , no uaiigenmomy U, MOIyumMb H3D ypas-
momif (4) cabpyomyo gpopuyay

x

- 7 .
Un+9 ok Uonﬂ - = } (@—u) f,, (u, 9, 2) du + i(?/_ v) 9al0,, 2)dv 1

0

+ | =000, 01




Mo sroii gopuyrt mampmm. maifgems:

sad T et Moo e noAd
& =iABC§ { uroTag o +6"2+/"~“”<H m) } D2y

4D IOX0EEHO

x'z - y2 22

A4 B 04’ ®)
D)=V (4’ +7)(B*+4A) (C* 7).

Hi el

3. Pasynba mopb A KOMIIGKCHYH UepewbHEYD, IDOBEIEND Bb
II0CKOCTH, GIy®ANPH 1IA 4 m300pameHid, KAKy-1a60 3aMEHYTYO
EPUBYD, ue MMBOMYO EDPATHHXD TOYEKD, W mepecBRaIyl Beme-
CTBCHHYH 0Ch TOILKO BB JBYXH Toukaxs: M, pia Koropoi A> 0,
u N, pad goropodl A << —A4*. Haupasaenie mpummenia mo srofi kpn-
Boli MM OyZeub CUATATH HOJOKHTEIBHHND, KOTIA JBHRYIMAACL T0U-
K&, mepexoia msh M Bb N, mepechsacrs NOMORMTONBHY YacTh
MHUMOE OCH.

Pascmarpusad EKapyo-1u00 QyEELiD f(A), MH Gyiemws HOLb
HATETPALOND

Sf(A)dA

0

pasynbrs mETETpalb, B3ATHE 10 éﬂfEJzymmemy BAMEHYTONY KOHTYDY:
HETeIPUPOBAHIe HAUMHAEGLEA OTD TOURH A =0, Begercd U0 Bempe-
crenuod ocm jo mousm M, sarbwh mpojolmaerca mO YHOMAHY-
T0# EpEBOE BB NOIOKETCILHOND HAUNDABICHIN B, IO BO3BPameHid
Bb TOUEy MM, Begerca mo BemecTBeHHOE ocE o Toukm A=0.

Ilpz sront yedoBim MOTYTD GHTH JOKASAHH CIBIyOIIiA TEOpOMH:

Teopena 3. Bupamenia rxa U, w U, moryrs OHrb upuse-
JGHH Kb BHZY:



e L

HA)YdA \
Da -

U, = gABOS

N

VIWVED) A ()

D) ¢

2

0

rrb pymsnin D (A) 1/ AH(A) b Hauarh HATErPEPOBAHiA JONEHH
OHTh HONORHTEILHHMI.
Bakes D(A) m H(A) cyre ¢yusyin, onperbiseMua (opuyiann
(6), B jemy/—1. '
Ilaa noxasareiscrBa MH 3ambyacyd, 910 B 0C00GHHHA TOYRM
Qynsmii

VAHL

.D(?\.)K —D'a)-,

33 HCEJINUeHieND TouEEm A==0, Ie®aTh HA OTPHNATENLHOR YacrH
BOIECTBeHHOH 0CH BHYTPH KOHTYpPAa, MO KOTOPOMY IPOA3BOZATCS HH-
rerpuposanie. Ipm rtows mepsas m3p sruxs (ymEEmid mubers Tpu
Toukn paspbrBIenia, a Bropad Bwberh ¢p ToukoiE A=0 germpe.

Orcoga crbayers: 1) uro B mepBoMb u3b HETErpaxoBs (7)
NOABEATErPAIbEAA (YHENIA UpE BO3BpauleHin BH Toury M moxy-
YaeTh OTPANATEISHOe 3HAUEHIe, & BO BIOPOMb— HOJIOKUTENBHOE, N
2) uro, ne m3wbmAA 3HaveHIE HTAXD WHTErPAIOBD, MOKHO HPE/LO-
J0®ATH, 9T0 Beb moukm EpuBof MN OesmpexBIbH0 yIAIdRICA OTH
TousE A =0,

daMbuada mOPTOMY, UTO HHTEIDAlH

SH(M VAV HQR)PdA
D () “S T o

B3ATHO N0 EpmBoE N, mpm srowdh BO3PACTAmim oA MPEOIMEALT-



SRR e

e coorpbreTBenso Kb sEavemiams O m 27i, MH W yobaaenca
Bb cupasejamsoctd Gopuyss (7).
Teopema 4. OGmee Bupamemie U, ompepBiserca gopuyro

HW) (VAHR)"dA

e ABCs; Do) ®)
TIb
(-—-’1:)"]:‘ (%—;-l> ‘/7: qu
0, = = = =2(—1i)" S cos"@sin’*ode, (9)
(n+2)T (54- 1) o

o T mETerpEpoBamie MOXUMHEHO TOMY-Me YCIOBID, KakD M Bb
Popuyraxs (7). "

Bs camoud rbab, sro sHpamenie U, , 0uUeBHAHO, yZ0BIETBODA-
15 yeIoBiaws 2) m 3), m HOTPYAHO YOBjuTLCA, Y10 OHO YAOB-
T6TBOPAETH Tak®e M yerosin 1).

Ml obzervenia judppepernuposani, KOTOPHA AIA HTOT0 HEOO-
XOLUMO NPOH3BECTH, MOKHO BBECTH HOBHA NePeMBHHHI, MOIATAA

1 1 1 x Y 2
Ve a’B‘ braﬂca2:£1‘§=”1a=§s

peabpereie uero ypasmemia (4) m (B) oOpararca BD

a;gn_..mm%,
a;?z"=—2(%+1)%s
aU,,°+6£" ?_Ui=_fi"fU°n+2,

de 2
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& (opuyra (8) ‘mpmMers BUIB:

: nt2
.5 SECONE Sl O T
T (1 14ar 1+4+0A 1-+ch L
e V (L Fah)( L4 ba) (1 Feh)

Hpumnuanie. By ciydad HeuoTHATO # IYTH HATEIPEPOBAHIA BB
BHpamenin (8) MOEETD COCTOATH N3TD ojE0f TOILED saMEHYTOH Rpu-
Boit JLN.

4. Ilo Qopuyrd (3) mm momend Temeps Haliirm BEHpamenie 114
V mons Bugoms paga. Ho nxa toro, 9ro6H sTord paxb MomHO OHIO
IPOCYMMEPOBATH, MOAb3yACH opuyroil (2), meoXoxumo, IrolH ALA
BehXD TouerDd Epmeoi MN, BxozaAmedl BB cOCTABD LyTH MHTErPH-
poBamid Bb BHpameniz (8), OHIO YI0BIETBOPeHO YcIOBie

mod v/ A H (A) <h.

Pasmermsars mperbApERA moXomenia kpmsoil M N, ypoBierno-
paomeii sTomy yeIoBi, MH He 0ylews, & o0paTHMD BHEMAHie TOXs-
E0 Ha cIbpyomyn Teopemy:

Teopema 5. Eeam A eers vomniercHas mnepemburas nocmo-
annaro Moxyia R, mpesoexogamaro A?, T0 LIS TOro, UTOOH Mo-

gylm gyuemiz /A H(A) me mpesocxopmmm. k, Heoﬁxommo n Jo-
CTATOUHO, UTOGH R yIOBIETBOPAID YCIOBIH:

— VA4 Bky R —ddr,
- <B< - (10)
Bs camows bbb, momaraa

A0,

Ha i ieMb:
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9

z” y‘*’
V 4* 4+ 24" K coso+R? +\/ B2 B Reose+R?

i V C*F2C*Rcoso+ R®

mod HN) <1 +

+

Ho mpu yexosim R> A® nanGoismasg Bexmumma BTOPoH wacrnm
HeDABeNCTRA JJIA PAscMATPHBAMBXD 3HAUCHIE , y, 2 Oylers

A’Z
VA*+24°Reosp+R?’

e

& TOTOMy MH HAHIeMD

A&!
R—4

mod H(A) <1 +

I CcIBIoBaTEIBHO

R
mOd\/?\H(A)Sm,

a 0TCOJA Yi&e HETPYAHO 33EINUATH O CIPABeIIHBOCTH TEOPEMH.
Ecmn wpmsaa MN, BX0J4Wad Bb COCTABD IyTH HATEIPAPOBA-

Hid, yROBIGTBOPAETH YUNOMAHYTOMY YeXOBi0, To gaa V moxyumrea
crbiyonee BHpamenie:

(OIE

V=2 4BC S}g’g;“ §

F(—iyVAH()cosyp)sin*odg. (11)
0 0 Pt

Tarmws o0pasowh MH OPUXOANNE KB CIBIyOMEMY pPe3yibrary.

Teopema 6. Eean A4 ecrs mamforpmas msb moxy-oceil sxrmm-
COH A

x‘), yQ z‘.!

TP ETE=h
o ectn [(s+¢i) ecth CHHOETHUECKAs (YHENiA BEYTPH EDYIa pa-
- miyca k>24, vo gia morenuiaapHofl QymELim




i RO
F
V=S i’)dr

STOT0 SITMNCOMJR HA BEYTPEHHOD TOURY OYZ6TH CIPABOJINBO BH-
pamenie (11), Bp KEOTOpOMB HHTEIpPEPOBAHIE 10 A IPOM3BOAUTCA
M0 3aMEHYTOMY EOHTYDY: Haudmadch BB T09&B A =0, omo Beger-
¢4 [0 MOJOMLATEIBHOMY HAIDABIGHIO BemecTBenHod ocm, BaTbus—
Bh MOIOXATEIPHOND HAMpPABIeHim mo Beell OEPykHOCTH, oImCAHHOH
n3p Toukm A==0 pagiycons K, yrosieTBopanmuns yeiosin (10),
¥ HAROHEND — BB OTPHIATENBHOND HALPABIEHIN II0 Bel[ecTBHHOR
och 7o Toukm A= 0, mpuuemd HaUaJbEBA 3HAUEHiA PyEENiE D (2),

VvV AH(A) moIgEH OHTH IOT0RATEIHEL.

Ipummuanie 1. 3a myrs maTerpEpoBania BB Bhpamenim (11)
MO®KEeTH OHTH NpHEATA BCAKAA 3AMEHYTAA KDEBAA, TPOXOLANIAA Ue-
pess Touky A =0, IIa KoT0poll 9Ta TOUKA He ecTh KPATHAA, 1A

gotopoii Bo Bebx® Touraxs mody/AH(A) <k, n KOTOpam Hempe-
PHBEEND W3MBHeHieMD, IpPH YCIOBIH HEKOTA3 HE NPOXOJHTH UeDPe3b

ocoGennma Tousm Qymemii D(A) m / H(A), uomers OHTH HmpH-
BeJ6HA BB COBNAJEHIE € KOHTYPOMD, OHpeIBIeHERMD BB Teopend 6.

I pummuanie 2. Uan supamenia (11) p1a morenniaannodl Gyuk-
nim Mo®ers OHTH Haifjeno eabjpyoiiee BHpameHie JIA NPOERHiH
npuIAKeHid HA OCh X-0BD:

b

ﬂ= - 2 ABC’a:S
0z

0

dA
(4*+42) D (3)

j' F(— iy AH () coso) de.

Hpumnuanie 3. Uparamenie srimmeongont srbmaei Tourm mo
reopens AfiBopm MomeTs OHTH HaiieHo, KOIb CEOPO H3BBCTHO MpH-
raxenie BHyrpemHel mousm. Ho urofm mepeiigrm ®B sroMy cayuam
OTh TPeAHIYMAXT (POPMYyIH, He0OXOTHMO DPACHEPHETH 00IACTH CH-
HeKTHUEOCTH GymEENiEm I'(s 4 ti).



O0Bh YPABHEHIN

dMu
Deias # o /1) ;
T xu

1. C. Droposa.
I. IPEXBAPHTENBUNA BAMBUARIL

sambuanie 1. Eerm wepessn m % obosmaumus whIa moxomu-
TOIbHHA WHCI4, 4 4Yepesw § (yHENiD, ompeibldenyn ypapHeHiows

n—1 k—1

[T GE+5) =@M G,
= =0

*

: = k a
H ecrd uwbEmus z BH 2 + ~, T0, H& 0CHOBAHIM mepBaro caoif-

crBa (YHENIN ramma, OOIYIEME

12 +5)=( Yo,

n Buberh ¢b 9rHwb Gygems EMBTH

w ! Fay .\ X v T )
G+ 5)-¢ o TG

Coo6menia. 1885. 4




S e

rpb C me sapmeurs ors 2. Hammeans 3pben ka swbero na o sa-
whbHEBD mOTOMD % depesd k, a k uwepess. ., YBEZEMS, uro C 00~
T3J2eTs CIBIYOIAME CBOECTBOME:

Cr = 1.

Ecaim me m3wbmmms » Bp 2% m k BB 2k, To Halijems:

L\nk
Gt =(5)" (G

Hoxownps pia phmenia sroro ypaBmenia

Ok — pantBkiynk g a'ntf'kiy'nk ga pk
n ]
0 TPUEABD BO BHUMAHiE OTHOMEHiA
1
Onkokn= 1, O’u =0 2 (2'”) s ’

MOTYIAND :

nk—n—=Fk n—rk
k 2 9
£f ( -) (257 ;
n
Ha ocmopamim CKa3amEATO mMBEMD TOLIECTBOHHO

TG+ 5-0"F ™ TrED)

Sanbuanie 2. Ecan o 1 (3 mhisa T0T0RATe TREHA THCI § 6CITH
a=wm, b=k,

rab vy oauED m35 00mux® pbamtered mempy e« m B, To orHomeHie

Cacs 200 )u...( =

Ic”a:k = nYz

S -
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To&ecTBeHH0 mMBeTd Mbero. B camons pbak, mocpercTBoND TOX-
JI6CTBA, MOKA3AHHATO B HePBOMD 3amwBuanmim, JeTEO yd”!s,mmbcﬂ, 710

I0/ICTAHOBEA
w=a"
YAOBIGTBOPAGTD NPeJHAYMEMY OTHOMOHIN OPH BCAKOMB . OTCIOLa
cIBryers, uTo OTHONEHIE, 0 EOTOPOMD HEeTH phus, mubers Goxbe
ynk HWHTCTPAJOBD H IOTOMY €CTH TO&LLECTBO.
Tagmup xe 00PaBOMT [OKABHBAETCA TORKIECTBO

i g2t B_E fai
& Pl * DPu=z" *Dfx  BDu,
1 1
re kF =gz n

A% » W s RKagia yrogmo umexa.
dambuanie 3. Ilyers », & n v Oyfyrd WhIHA HOTOMATETBHHA

qacaa, a s Eakoe yrogmo me pasmoe k. Ilokamews, uro ogmokpar-
noe pmpdepennmpoanie mo z 00BuXD uacred pasemersa

Dxr(wm ka )nu Fon (k__m>kn+r g Pr(zp Dzn>k -7 (zPHDan T,

Bh KOTODOMB [JIA EPATROCTH TOJOMEHO
e=g""", (n—p)(k—m) =1, p+n=(k—r)(n—p),
g uswbHemie » BB r 4 1 mpEBOAATH ‘KD OLHOMY H TOMY e pe-
syaprary. [IBHCTBATEIBH0, CDABHEBAA BHPAKEHIA, MOIYUCHHHA YEa-

BAHHEND [yTeMD, H MOJArAd
(DM Y u=yp, k—r=p,

HAXOJEMB

D P(ZPD'*)P@:—,@
rib Beb pmpdepennaposania npomssosarca mo z. Mpeguaymee pa-

BOHCTBO, EAKD BB 9TOMD Jerto yOBIHTECA HOCPELCTBOND OTHOMEHIA

= D" P D" Do)




-

n(p—1)
(51’_D")Ptv—- z AP 2Po=i prp-i,

BD KOTODOME A He 3aBECHTE 0TH 2, TOELeCTBeHHO mubers mbero.
Orcoga cabayers, uro k-Erparmoe padgepermupoBanie mo x o0b-
nXb vacredf oTmHOmeRid

+

1
: ; 7T SR
(xm ka>n% — (]{ b ,m,)kn k—m o k—m Dzn)k o

TPEBOLETS KB OTHOIIEHIK

(wm ka)nﬂ "=

—--%-i—',;:'( -i-— k

k—m D n+t u

£ (k__m)k(nﬂ)g

Ho mepsoe ush sruxb otHomenif mpm » =1 ofpamaerca B
TOELECTBO; MOITOMY OHO TOETECTBOHHO miBerdh mbeTo mpH BCA-
koMb 7. JOK@BAHHO® TOKIECTBO HPH YCAOBLAXD

k—m=r z=1-+ré
UPIRAMAETH BELD

i
P ——— =

=k i :
(mk"’ D_J‘)”% =(14r%) : ((1 + 7€) " D¢"
Toxomues 3xben =0, moAyIEMD:
("D *) "= e"g(e'EDE”)ku, E=lgzx.
910 TOEIeCTBO MOKA3HBAETD, 4TO BCARIH MHATerpAlbh ypaBHeHid

Dy"u=cbu, E=Ilgz
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YAOBIETBODPAGTS YPABHEHI

(2 D.*)*u = zFu.

‘Baubuanie 4. Eclu p ¥ ¢ N0I0EATENPHHNA HIA OTPANATOIBHHA
- wbaHa umcaa, 1o ThHECTBEHHNO MHOKETOIN BHLA

«PDP, Dizt

MOTYTH OHTH HepewbmaeMH EAED YIOLHO BB IPOHIBEJGHIH, COCTAB=
JGHHOMD W3D MHOHETeZed 1TOro Ee BEAA. ITA MHCIb CaMa €060I0

BHTER&6TD H3b TOEALCTBD

aP DP, 21 Do (%) =21 D1,27 D w () ,
DPaP. D113 (w) = Dia3. DP 2P 3 (z),
DPo?, 51 D1g(x) = w1 D1, DP aP ¢ (),

roxasanEnxs B. II. AzeschbeBcrmnb B% Tpernell EmmmED «Coob-
meriit» 3a 1884 rogs. Mu msrommud 31Bcs cBom cooOpamenia
10 IOBOLY THBXB-He TOELECTBD.

Hepeui erywaii. Ilyers p m g 0XHOBPOMEHHO OTPHLATSIBHH.
Fexn p sawbamyp uepess —p, & ¢ 9epesb —q, TO Ibpag uacTh
OTHOMENiA JJd w OpeJCTaBATCA BB BELD

=P : ;
Rl p"l -q 1 Al q-lw
T)I) [o—ayr e 1daf(«—@)a(d)a8,

rib /3, MO coBepuIeHiE uHTErpHPOBAHIAZ WO (3, JOIEEO OHTH 3a-
wHHGHO Uepesb o, & «, L0 COBEPUEHIm HHTETPHPOBAHIA 1O o, Ue-
pess x. Hammeakh BB HpeiHAYyIeND BHPAHOHIE wafd subero 3

" 2o BWBETO o, HAKZLOND:

: = —B) e 8.
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3Bk o ¥ (3 HyHHO NOIOKATH PABHHME OXUHEIE, H 9TO MOX-
HO cxbiats mo cosepuienim 0Gomxn mETerpupobaHii. Orcoga crb-
Lyerb, UT0 NPEAHJYIee BHPAKEHie COMMETPHIHO OTHOCHTEIBHO
p W g W 49T0 OTHONeHIe X1 w TO®JecTBeHHO mybers wbero. Io-
JOOHHN'D &6 00Pa30Mb JOKASHBACTCA TOEIeCTRO J1a 3. Ur0 Bacaerca
OTHOMeHIA JJd ¢, To I1BBad WacTh ero mo sambub p wepess —p
0 ¢ 96pesh ——¢q OPHHAMAETH BUJIB:

1

I’—(p')'f’(q—)j(l-m)lﬂ-'w-r’dwg(l —B)1"" o(2aB) dB,

138 3 1 o mo cosepmemim mATerpupoBamili JOIZEH OHTH moX0-
HEHH paBHBME exmimnb. M rtaxd wakb m3wbmemie mopAgka mHTE-
IpupoBaniii €o00MAaeTs HpeiHiyIeNy BHPAKEHIO BHLB:

1

o s (1= )0~ do S (1—B)P~'B-Py(axf)dB,

Kb EOTOPOMY IPHBOJUTCA NPaBad YacTh OTHOWEHIA 1A ¢, TO I
9TO OTHONEHIe TommecTBeHH0 mMbBerd mMbero. :

Bropoi cayuaif. Ha3sass 1y I gpyryo dacrs EaEIaro msb j1o-
EASAHHEXD TO®IECTED COOTBETCTBOHNO WePesH w, ¥, w U HCKID-
YUBG A3b NOIYUEHHHXTE°PABENCIBE. @, o, P, YBHAUMD, UT0 TOHIE-
CTB&, 0 KOTOPHXB HZeTS pbus, uMBOIE wbero I AL MOI0KATEIb-
HHXD p 1 ¢.

Tperii cayuail. Ecam cxbiaews moxomenia:

2P DP=u, p1DIo=1v, DPgPo=uw,

TO UDOIJYAMD TABid TOXZECTBA OTHOCHTENBHO %, ¥, w, EOTOPHA
HOKAEYTH HAMD, UTO PA3CMATPUBACMHA TOEACCTBA MMBHTH MBCTO
I Bb TOMB cIyuaB, KUrja p DOJI0BATEIBHO, & ¢ OTDPHOATEIBHO,
AIE HA000POTS.

Beh BEpars, uTo mjed H3IOKEHAATO JOKA3ATEIRCTBA B3AHMCTBO-
sama y A, B, JI’brameosa.
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=gt o
II. CnofcrBA YPABREEIE —— =& 4

Onpepbaenie. Iycrs o 1 /3 Oyayrs NBINA HOIOHUTOIHHEA
uncaa, unbomis v ofmund HamloibumMb LBamrenenb, H LYCTh

=y, 3=rk.

uero e« M OyjieMbh Ha3HBATh NOPALKONB, & THCIO (3 Xapak-
TePUCTAEOH ypaBHeHid
+ 0
d*u e m B
P u

—=w

dz*

HOeepaomeuir 1. Hopadoxs moseno cOmaams TapAKmMEPU-
CIMUKOT 1 00HOGPEMERHO LAPAKMEPUCINUKY NOPATKOMS.

TomrecTBo

e . priazl ge®
& B2 «DPu=z" *DPzx EDS2u,

CH e

E

Fa® =nz

HOKA3HBAOTD, UT0 OCAH % UACTHHE MHTOIDAIb ypaBHeHis

g B D, %u = u (=)
HO YAOBIETBOPAETH YPABHOHINO
B
zﬁ “ DPov=v, (8)

10 LOCPeACTBOMD (OPMYIH

SE—y
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HalifeTca Apyroff ero mATErpalb, TAEES Ee YLOBIOTBOPAMIH ypas-
HeRiD (/3), EaKD Bb HTOMD JeTKO YOBAMTECE, NPUEABD BO BHEMA-
Hi@ TOXKJECTBO

o D_f)k“ =(,p=%p,p)w

Orecioga cabayers, 4T0 CymMeCTBYOTH # HHTOIPaloBh YpaBHeOHiA
{ct), CBASAHEEXD MOEJY €00010 OTHOMEHIMH

"
zﬁ * DPu = u,,
zﬁ Ta D,ﬁu, = Y,,
=
zﬁ “D,‘Bu,,..=u,

H He VJOBIETBOPANMUXD ypaBHenin (/3).
Ecar cpbiaends moxomenie

U=u+u+ oo +Us-q,
T0 IOJIYIHMD

“———

o 2
x BDAU=U,

B 08—
¢ «DPU=U.
X A
Tpomssesa 3xbes sawbry x * wepess A * pasmocmibaym 3amk-

1 1

b o TePesd )\"z;, rib A IepBooOpasHHE EOpeHs YpaBHeHiA
At=1, a r ogHo m3p umcerd pajga 1, 2,.,..n—1, @ o6o3ma-
uneh vepesd U, Ty QyEENiD, BB KoTopyl ofpamaerca U mocad
oToifl saMbBHH, HaEzeMD -
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&%
99“ BD.tuUrzUr’
-
2 *DPT = ED.,

Mokamens Temeps, 9ro HE ojEa (YHERIA paia

HO BHpamaorca imaeHEo b Apyruxb. [[bicTBETEIRHO, 6CIE-OH MH
LOLYCTHIR

CUAO T 4 i 40 U, D)

T0 MOCPeJACTBOMD (GOPMYIH

(P2 p8) v,
¢ *DP)U.=N*T,

AIa oupexbienid Hem3BBCTHHXD OTHOmMEHiH

Ui €y . - Bna
Pt atete

noryunin OH » ypasmemill BEja
OU + ¥ .U, +..... E3b-pke 0 17, =0,

rab i mswbagerca orp 0 xo »— 1, Herepumunanrs 910# cucTeMH
ypasuenif poImend OHTH HYJIEMD.
- Iosrouy, OmycTHRD MHOEATOXD

UU‘....'U"-‘I

R PaBuil Hymo w moXomEEh APF=d,, moxyumus:




~ 0 -

R P Sl e
oo e R

5" e e oW e W 8 8§

-1
L é\n-u a\qn-t fiets aﬁ-i

JbBag uacTh 9TOI0 PABEHCTBA, PABHAL IPOU3BEJEHIN MHOKUTE-
Ieil BUJA

(SP—A‘O)(J‘,—A‘,).....(A‘PH—JP_‘),

rib e uswbEAeTCA 01D CAMHMUE X0 72— 1, He MOmET'D OHTH HY-
newb. Ilosromy paBemcrne, o Koropond miers pbup, meabuo, u
AOUYIMEeHie, 35 KOTOPAro 0HO BHBEJEHO, HCOCTOATeAbH0. Jlomyuienio

OU+C,U, +.....+C, U, =0,

rib e <m—1, n mojasho me Momerp unbre wmbera.
Orcoga cuabpyers, UTo PALD

ol BT s

IpeJiCTABLACTD % PASIMUNHXE MOEAY CO00K HHTErpAIOBD ypABHE-
Ha («). : A
HoxoOusws e 00pasond pafb
V, Vl"""Vk"l’
1

Bb EOTOpoMt V; BHBeJeHo m3b U MocpeierBoMb ambum k¥ gk wo-
1

pess w'n“2", ti% p mepsooGpasumii Kopemp ypasmemia puf=1,
IPeJCTaBIACTD % PASINUHEXD MOELY C0G0H MHTErpaioBh YpaBHe-

mia (3).
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Ouesmmo, aro sapmcumocts Mexzy U, m V; BHPAEAETCA OTHO-
1IGHIeN' ‘

(kP 5)" = (n*2)k.

JLo cero BpeMeRH MH PascMATDHBAIN IUIb OJHY TPyUNy HHTET-
parosb ypasmemia (o), cOCTOAUYI USD % HETEIPAIOBD; HO UACIO
TaKHXD IPYOOD €CTh v U II0 OTHOLICHID KD Kam®IoH M3T HUXT u3-
T0KOHHHEA pascympenia uwbors wbero. Iloaromy ypasmemie (o)
IwkeTs o TAKEXB HHTErPaIoBb, KOTODHE ¢b (3 HATerpalaMu ypas-
HeHia (/3) CBABAHH OTHOIEHICMB:

(FPw)* = (n*2)k;

9T0 M HY&KHO OHIO JK0KA3aTh.
Mpummyanie. Ecin-08 MH pomycrmm

U=U++U, +.0rse 4+ U,y ,
70 0635 TPyAd WOXyImId GH
up=U-+ AREr o plrea)rk U exils

rik r mswbagerca orp epummmE g0 . Jlerko yOBamrnca mocah
9TOT0, YTO HE OJHA (QYHELIA pPAfa

Uyt oes dillgsy
H® BHpaXaeTca Jmuedno BB Apyruxb. Bv camoms jybak, momycrnss
ur=0U+ G‘ U! _l— ®e8 s + Cn.l Un-l,
moIyuENd A4 onpexbienia Hem3BBCTHHXD NOCTOIHEHXD

O’ Ci’..l..o,&-l
% ypaBHOHiE BEIA
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*

Uryp=CU+N*C, U, +..... + Al-0kg, T, _,,

rib o mswbrserca orp O jgo »— 1. W rtakp Eakb anHedmHA
ypaBHeHLA uMBlTD ejUECTBeHHNA pbmenid, 1o Hempembumo

U' . Ail’k

l L ]

OTHND B TOATBODPHEIAETCA MHCIb O PA3NAYIM HHTETPAIOBD
u, ul’l.lllun-ll

Oreepromenie 2. Xapaxmepucmury MoNCHO % YEEAUNUMD
U YMEHOUUIMD HE YUCAO KPAMHOE ROPAIKY.

Ecan mocpepcrBond 0008HATeHIA

mpi DQ! mpil)qg ...wp”Dq”u==H<mpi DQ:‘ )u

=1

PACHPOCTPAHUND 3HAED UpomsBefeHia Ha JBHCTBOHHRO MHOEHTIH,
T0 YPaABHOHIO

ZAC=C ] Ay =y

MOXHO OyleTh NmpeJCTABATh BB CIBIyOmMEND BEAb:

g o —1
H (z(z-t)c ])zi(:)u St l—[ (z(i-l)chic o
=1 i=l1,

Haspasp 46pesd @ HaKIYH0 9acTh 3TOTO j’p&BHﬂHiﬂ, H0Iy4nMD

(#D,°) %0 = &,
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Orcwoga cxBayers, 9ro HCXOLHOE YPABHOHIe YIOBIETRODAETCA XO-
MyMeHieND:

e—1
w=[](z(i-l)chic u,

i—=1

rih mOLD w MOKHO pPasymbrs HETErpaldh ypaBHOHIA
Dsa“w=e§w, ¢=1Ig2.
MogofHumMT ®e 06pa3oMb, eexm » YIOBIETBOPASTE YPABHEHIN

g ?
z&c -C DZQC 'U='U,

70 mempembmHO

e—1
w = I I(z(i")"' Dk ).

Ha ocHOBaHIN CEA3AHHATO HAXOLEMD CIBAYOMYD 3aBECHMOCTS
MOBLY % H 0 ‘

u = fa=1)e ﬁ(z( -g)-¢ Dzi(f'-c)>v,
i=1 .

Uss npepmaymaro erbayers, 4TO CBA3h MEELY WHTErpaxayu

ypasHenii
1

0 — =
- a =

1
, =
; E T Do ==y

BHpa®aeTCH (opuyIaMu :
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a—1

u = gla=1)c I I (z(i")"'c D,
i=l

% =CT“czc, £= (¢ +7.)-0L(C+r) P

T1b » MONOBATENBEOC HIN OTPHIATENbHOE ObIoe umexso. W Tagm
~ BEakD BB UpeJHAyMid (GOpMYIH Hauepramie ¢ BXOAATH JAAMb BD Kd-
JecTBb MOKAsaTeld CTONEHH He3aRmCHMAr0 mepenbamaro, To Qop-.
MyIH 9TH EMBOTH MBCTO HE3ABACHMO OTDH TOr0, Gylers Jau ¢ Ib-
JHND UHCJOMD HIH KaREND YLOJHO.

Moaromy, MOXOKNBS ov¢ = (3, YBUAEMB, YTO HATETPAIH YpaBHEHii

o
a*u —“—l—,_é
i ——/ %
da*
(s 2
dEx

CBA3AHH MeEAY €O00010 OTHOMOHIAMHE

(e—1)8 2a—1 : B
(—1yr—=
Gt H(z e
i=1

1 1 e
8(33:0&3’5:({‘5-{_7‘“)55’{‘1'“7

UTO0 W HYKHO OHIO JOKA3aTh.
Ipumnuanie. 3aBICENOCTH NeRIY METETPAIAME TDeJHIyMAXD
ypasuenili MO&RO BHpasETs eme crbayomen Qopmyrol:

=aoe i 1
u=n<z "‘D,,"”')z % .
=1 :
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Oeegromsute 3. Hopadoxs w zapaxmepucmury ModeHo
COMAGMD 00HOGPEMENHO PACHOEMU 00UEMY HAUDOLMWEMY Ol
MEN0 MEHCOY HUMU.

Iyers o m (3 Oyayrd jamEHe HOPAMOED H XAPARTCPHCTHESL K
IyCTh PA3IOmeNie OTHOMENIA (3 Kb « R HONPOPHBHYD Ipobh OyIeTs

=a—|—__|_

G E 3o ]
.+1

“r-i"'l‘l

1

B 1
14

YMeHSIEBD XApAKTePHCTHEY HA UHCIO @ WM CIBIABL ee To-
PAZEOND, MH OTT JAHHATO YpaBHeRia mepefijeus Rb TAEOMY, KOTO-
paro MOPAZORD ¢, M XapakTepmcTHEa (3, omperBranTca pasem-
CTBAMI

wi=3ma0&, 61=“|
Moxo6amNs xe 00pasoNb mOXYIEND:
“2231_51'1“17 Bsz"‘:“n
0 BOOOmE OyreMb mMBTE:
dipy =Bi— a0y, Biyy = ct;e
Dra paBeHCTBA MOKAHMBAITB, UT0 OOmili mamCompmift mhrmrens

MMy UHCAAME o; W (3; me 3amments 016 4. Iloaromy, maseass
ero uepess y, Baiigems: |

Op =PV, Br =qv,

ib p W g TMePBHA MemIY coGom.
Rpows moro m3s ormomenia

fi_aL+_+
i .+ 1
ary + 1
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T6TRO MOAYIATH o0y = (3. OrcWjE cabayers, a0 p=g=1 &
410 o, == (3, ==y, Takmws 00pasows OTH ypaBEeHIE (x) MOEKHO
nepedTd ED YPABHEHID

a’v

__ Z-v41

iz = Ha

3RaHie BCBXD MHTETDPANIORD KOTOPATO BHOJHE J0CTATOUHO JIA OUpe-

IbremidA morHATO WHTerpata ypaBHeHia («). 9T0 I Hy®HO OHIO
ROEA3ATE,

Tlregnomenie 4. SHaKs TAPAKMEPUCTIUKY MONCHO UMb~
HUMs HG 00 PEHMHOI,

Ecam B ypasemim («) Bubero x 3a mepembaHoe He3aBHCHMOE
BO3LMEMD 2, ompejbigenmoe pPaBeHCTBOMD

ze=(—1)~,
I 6CIN TOXOKAMD
v=2%""u,
TO HameMD
d% —a—=
o R B .

910 m HyRHO OHIO JOKA3ATE.
Cabpersie. YpasHenie

mn

dru e JNE

k

N w

dat

s n
mHTerpupyerca Komeunon gopmodl BeaArld pasm, Eorza apods T He

COEPATHMA.

Hpumnpe. Wsnomennulf aHATH3D TOEABHBAGTH, 9T0 HETEIPAIH
ypaBHeHiif:



- W - :

Proy cl——m(r—i—{) ;

da‘:’f""" =
_ -k :
o

BHPAEANTCA OTHOIICHIAME ;

Jcl ,e+1 :’:
w o : k.'Z'
u=||<x "D,”‘)Dxe_ :
i=1
1 1

ke % e (br 4 1) g 1,

HATOIDAND YPABHEHIA

2
Pu_ —243
dz?

OTHOMEHIeM :

1 1
3 323
% = (33 — ]) e ;
HATOIPalD YpPaBHEHig

3
du s S
— =g "

O0THOMEHIeND
q 1
- : 2
2z
o (293 T 1) Ml

IOI. MaTETPHPOBARIE YPABEERIA (a). g

a) Crporoil. Ogma Tpymma Harerparzoss ypabremid («) Aerko
HAXOJHTCA HHTOIPUPOBAHIEND TOTO YpaBHeRia crpokodi. B camoms
AbIb, ecim EOZHTIECTBO AP VEOBIGTBOPACTD JCAOBIN

Coo6menia. 1885. : 5

=
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I‘(l—-n+a—}—€;@)1{p+n=r<l—n +£;{_i@> 4,

0 ecIl JJAA BCAKATO p HERPATHATO ¢b K M MEHBNIATO % OHO €CTH
HYyIb, TO ypaBHeHie (o) MOKHO YTOEJECTBHTH NOJCTAHOBKOW:

< %—}-u——n
u = EAI,:B :
p=4

Dra MECIb OyZeTH OMpPABIAHA, KOTAA yOBIEMCA, UTO BTOpOe H3H
yeaoBif onpexbIANIUXD A, YL0BIETBOPACTCA OJHOBPENEHEO Cb MEp-

BHIM.
Ho mepBoe ycxoBie, mpejcrapieEnoe Bh BALE

T (10 22) 4T (1=t 242 2
—

—1

HaeTH:

_U+M’01+...AP(n-1) Qi
| e 3 |
[T (—+5%)

MOBTONY OCTACTCA WOKABATH, U0 A, ompeibimesoe mpeEAymmyD
PaBEHCTBOMB, €CTh HYIb JAA BCAEATO P HEKPATHATO Cb L O MeHb-

A

maro %.
Tags B°EB # @ k cyrb umCIa B3AMMHO OPOCTHA, TO OJH0 K3

qHCexd DAIA

Prn, pt20, cocives p+(k—1)n,
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ik p meKpaTHO ¢b k W weHbe -%, Hempewbmao pasjbimrca Ha
k; dacraoe, moryseHHoe o1 9roro ybaemia, Oyiers NbBIHNE ume-
Joxs mempmuMb #. Orchja crbiyers, 4To 104 EamJAr0 u3b 1e-
PeYuCIeHHHXD sRaYeHiE p BB mpaBoil uacr: paseHcTBa, OUperbIA0-
maro .4,, Cymecrsyer TAMMA Cb APIYMEHTOMD DABHHND HYIN HIu
OrpanaresbHoMy nbioMy gmcxy. dro W HYEHO OHIO IOKA3ALh.

N raws, crpoka

o0

P
}\"Pwir__{-m V0
(¥)

[ (—ns 22

p=0. i=l

J6rK0 LUPHBOJMMAA KB BHLY

) Tenaf
()

U = ]

INCESS

p=i =l

ecth uwnrerpars ypasueniz (o). ITo gopuyrd, csasmpanmel ¢ynE-
I, y10BIOTBOPAWLIIA TOIREO YpaBHEHID (ct), Cb OLHOBPEMOHHEIMU
mHTerpaxaMa ypauemii - («) m (/3), HAXOJHEMD:

p=0 i=1 > (5)

5*
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JrH CTPOKE PASIMYBR TOIDKO 10 BHLY; HMH, 0UGBHIHO, BHpaKa-
eTca OAHED H TOTh-HKe HHTETPard ypasHenia («). Bb Qopuyraxs
(v) = () wmexo » mWswhHgerca OTH GXEHUNE 10 7.

b) O6o0menuumuy mpousBofEuMu. Crpoxa (y) upa »r =n
JOTK0 OpPHBOJETCA KD BHLY

e e~

1‘(1 vp) =8 I‘(l-l—x—n—{- "1"’;‘”

p=U

Ha ocmosamin ussbermoif ¢opmyin A. B. Jbramrosa ormomenie

(1 4 — p—z‘ :I‘(I—l-a.—n—i— Vp‘:“)

MOEHO 3aMBHETH BHPAKORIOMD

;as—-—vp

z +””Dx 3 z B 7

rib nupdepernnposanie HaymEaercd 01h & == 0. Hponasena BTY
samBay Ha camoMd ABAB, LoJyURMB:

1 gt 1):+1 1

ac--n—-'l—l ﬂ wﬁ @( ﬂ)

i=0

LB 14 EpaTeocTn TOJOMEHO:
1 1

! B B
2 B 9Bz r-t
¢(xﬁ>=e + e Faatre? Be , g-=1.



B

Ecan b mpepupyme# ¢opuyas » sawbuums uepess &, & gepess
n M x 4epesd 2, TO WoIyduwbh mHTerpars yprsuenia (/3). Ilo-
9TOMY HHTETPAXD ypaBHeHid (o) MOKHO BHpasurThp eme cIbjyyno-
UMD OTHONHIeNS:

1 a—1 Bl)z—[—-l 5 /31); 1
3?@ I]( -H»ﬁ D, —H;'B)z“di(z“),
i=0 s

1 1
wz® = B B

IMepedigens Temeps KD ﬁ?.@MﬁTp'BHim crpokd (d). Mepsas msn
HEXb, LpejcTaBICHHAA BB BHLD

oo
AP a : aptou—i--1
o= (Bapa"k—“rﬁr( B )
Pe+ap) ;5 I‘(l——r ‘i‘wp_‘-m)
B
p=U

BHPAasUTCA Bh 000CMEHHHXB IPOU3BOTHEXS cIbAyoIMND 00pasons:

.4>9(wé>;

(1- m\z»{»l-_l_'__l (1-00)i
D

o8 -7+oc-1—-6—mi_](
=)

BTOpad, IPeNCTABICHHAA BB BHLS

= :
Ba,pmk_*_-“ 3 I‘(1+P+E>
Bz—ﬂr)

(e +ap) ;3 I‘(l-{-— -

p=U

CABIyOMAND:
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1—--,Br o (1—-/3)t+[3)—2 (1—B)i-+B8r—I1 1

SVARE | (Ot S e}

IAB AA4 KEparThoctd W0J0HeHO:

1 1
9( 3)—6 hB$ +.eat Bt W B,

1 1
az®=Lx B, 1%=1.

Bed auddeperuuposania Bh UpeiHIyIIEXD (OPMYIAX'h HAUMHA-
orcd orb HyIA., Helm BD yooMaHyTHXD (OPMYIAXD MOIOMHMD » = ]
u ecidm, mepeiiza mo gopuyrams A. B. Jbramkosa orb oGoGumen-
HHXD HPOUSBONHHXD KD ONPeLBIeHHHMD HHTErpalaMb, H3MBHNND
nepeMbREHA TAakb, YT0OH mpejbIaMW EAEAATO HHTETDPEPOBAHIA OH-
10 HyIb W €UHANA, TO, OPUHABD BO BHAMAHI® BABHCHEMOCTH MeX-
2y QysENigME Oera § raMma, BosBparmMcd Eb crpokand (d), Or-
cofa crbiyers, uro mpu r==1 crpokr (J) Moryrs OHTH BHpA-
KOHH BB OUpelbIGHHHXD HHTErpalaxb He 3aBHCHMO 01D MOHATIA
005 0G0OMPHANXD MPOHSBOLHHXD.

Ipumruanie. He Gesmomesno sawbrurs, uro CTpoEa

(E)np - +n--—r
H F (1 £ kz-——kr)

Pt =l

ryb k dmenro mOXOEETEIBHOE, & 7 ONHO W3B umcess papa 1,2...7,
H PaBHOCHAbHAA 9TOH cTpokd Qopuyira



— I8 -

1 (1—KYifkr—2  (1—K)it kr—1

S | (e T )

i—=1

1 -4 1

1 :
" n hnz ™ o Wt nen
G(Z")zem +Izel afe o Rk 1 ;

1 1

rib kampoe amddepennmpobanie HagmHaerca o1p 2 =0, Bupama-
01D TOXRHE WHTETPAND YpABHOHIA

n
m——— T u

dxn

Bb CIBAyOOEXD TPEXD CIyYadxb:
1) worga k& mbmoe wmeio mepmoe ¢b »,
2) morga k& mHecomsmBpmmoe Tmco,

‘ i nl
3) Eorza % paBHAeTcA HecOEpATEMOHE Apolm — , SHAMOHATONH

EOTOpoi e Goxpme .

Opaubpr. Hsnomennnil amamsb NOKA3HBAGTT, UT0O HETOTPATD
YPaBHEHIA

dkr+ty, (1—5) ( # 'lk")
> U

dakre

BHPAKAOTCA OTHOMEHIOMD :

cesmees .-4:4
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HETETPAID YDABHEHLA

1
Ay _.2—*—,-(
5 u

OTHOMEHIEMD :

3 i — |

Jo —=—

w=\|(e—a) Zeonh2%dn, s=kz*;

© R oy

BHTeIPaIh YPaBHOHIA

dy
dxin

OTHOIGHIOMD ;

x 3 1
A -
u=§(.’3——w) 2 snh 20 2 dw.
o



0O PYHRH1d XD,
HOTOBHHXDB @YHRKUIAMD JEEAHTIPA.

E. A. Iocce.

P T S S

Br 7 m 9 %% Comptes rendus 3a 1885 rogs, I'. Stieltjes
cO00MmEAD HBEOTOPHA TeOpeMH H (GOPMYIH, OTHOCANiACA O Tk
HA3HBAGMHXD (YHENiH, moR00HHXD (yrEniaMb Jemangzpa, mim mo-
aunoMordh SAxobm m cocraBIAwIIIA CYMECTBEHHHA JONOJHEHIA KD H3-
BBeraEMD cBolerBan® aruxb ¢pynEnii, Hacrosmaa sawbrea zaximo-
yaeTh BB ce0b mosasarenncTBo pesyasrarons L. Stieltjes, ocuo-
BaHHOE HA pascMOTPBHIA sTAXD (yHENIE, EAKD 3HameHareldedl moj-
XQJIAMAXD Kpobeil BH pastomeHiH HHTETPalad :

A pld (s )Pt
Sz (1—2) dz’ e s

0 r— &

BH HENPePHBHY® ApPo0E.
W3pberno, 4To pasiarag

1 za"(l—é)ﬁ-‘dg

o x—2z

@(m)%s

B HTePHBEYI ApOCh, ToIydaewh (cM. HAID. NOW JHCCOPTA~
nio — «O $yErniaxs, nopo0mHx® GyEEniams Jemamipa», erp.
28 u cabp.): :

Coo6menis. 1885. 6



a
d () = =
o : Ayl
.T——-ag_aq“—‘
b=l —
5 - I'(x)I' (B)
o T (z+B)

P (en—1) (e+-B+4n—2)
o (a-p42n—3) (e4-p+20—2) |
- 27 n(p4+n—1)
o (et-B2m—2) (e B 2m—1)

- 3mamenarens n-0f mogxozamed BHpamaerca spBeh caBiyRIEND
06pasons:

| x"F(l-—%-—w,-—n, 2—~2n-—(a+@),i~) (1)
HIH

(-—l)n #(e+4+1)....(e4n—1)

(e-B+n—1)...(a+p+2n—2

)F(¢+B +n—1,—n,x,2)
(2)

rib F (a, b, ¢, x) obo3mauders rmmepreomerpmueckii paxm

ab  a(atD)bOH1)., - -
s e, TN

OGosmavaa sty nbayo ¢yERNi0 #-0f cremeEm 0Th 2 Yepess
1,(«, 3, ) wam mpocto T, Oymems, cabpobarersno, mmbTH:

i nlefn—1)
B SR %
n(n—1) (e4n—1)(x+n—2) T o

1.2 (a4p+20—2)(a+p+2n—3)

.=
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HIH

x(a41)...(en—1) 5
(2t B+n—1)...(a+B+20—2)

X[1— "(“+ﬁ:'”_1)w e (2)

Tp=(=1)"

dra QyEENiA ¥ HasmBaercd (yHENiew, mojo0How ¢ymEmim Je-
RAHIPA AIA MOJIHEOMOMD SIE0GH.

Hepeuncamus raasabiimia ea csoffcTsa, BHTEKAMIIA H3D 64 ompe-
Ibieniq.

: ;
Sa:“"(lma;)ﬁ"Tan_ldxzo, I
(1]
rAB 0,., — npomseoabHas Whias (QYHEENiA CTemeHE He BHme 7 —1.
Tn-m ey (CE —Qopyy — aanﬂ) Tn+1 = Gypp2Wongs Tn. II

T, (28,1 —2) =(—1)"T,(B, @, ). I
Hsp supamenia (2) m gopuyasm ITI BHTeKamTH pasemcTsa

a(x41)..... (e4n—1)

Tl VeV etaemnetpraea
T D P T ol o1 (4)

(at-B+n—1)...(a+B+20—2)
3w sepamenia (1) BHTeEaeTh COOTHOMeHI®

T'n(“’B:a;)znTu-t(“"l"11@"'1:55)) IV

rpk 77, o3HauaeT mpoM3BOZEY® 0T T,.
M3p o6muxs Gopuyss BH Teopim HempepHBEHXD Apolelf (cu.
HAUp. MOo® jJHCcepramilo, trp. 17) moxyuaerca Qopuyia
6*
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1
S 2% (1—2)P- 1, («, B, %) da = Ba By oy« Bupgy =
0

__ T (et (f4n) T@t-p4n—1)
(e+B+-20—1)T (e4-B--2n—1)

(5)

Oynenia T,(c, 3, £) yroBrerBopsers puddepenuiatbHoONy ypas-
HEHII

2 ‘ d :
(1= )0 22+ (a— o+ B)) 3 + nla+-BHn—1)y=0, ¥

n Beakag mbrag yErmia n-off cremen, y,zr,omeénopammaa 9TOMY
YPABHeHID, oTANYaeTCA OTH 1), TONBKO MOCTOAHHHMTD MHOKHTEIEMD.
Hepexoxmuns Tmemeps KB [ORA3ATEALCTBY TEOPeME X QOPMYXND
I'. Stieltjes.
Teopexa.

DyaEmia @2, Zyyeens, 2,) =
= (@, &y ee e @) “[(1 = 2,)(1 = @) a. (1—2,) 1 PH(2;—13)?,

ib ¢« 1 >0, a nepewbrEHA x,,2,,...%, He BHXOJATH H3B
npejbaons 0 1 1, focTAraeTs CBOGTO MAXIMUM'S, KOTAA Xy, Zqys 00 Xy
IbIaireAd DABHHME KODHAMD YPABHOHiL

Tn(w,‘ B, ) = 6.

3aber I1(z; — 2;)* o6o3rauaeTs MPOU3BeJeHie KBAIPATORS Pas-
HOCTGH, COCTABICHHBXD H3D BEAMUHHD Xy, Lgjsese: Lpye

TLoka3aTerbeTBO.

Ypapnenia, ompeiBIANMIA BeINUREN Z,, Z,,....Z,, COOTBHT-

creyomia maximum’y ¢ysenin & (x,,...x,), HOKHO HANACATE HOLD
BHLOMD | :




10D dlg b
ST 0 wm 3 = 0
g k=1, 2. e T

Moxaraa
e(2)=(z—2z, ) (z—,)... (z—2,)

1 0003HAYA Y6PO3D A AUCKPUMUHANTD HTOH (pynxmin, Gyrems mnbrs

lgd « B dgA __

drr  ax  1—ax 0xk 8
HIA :
dl
(=) T2+ (a— (a4 Ba) =0 (6)

Taxbe, uwba A =II(ax; — x;)*, HAXOLHND

ol 1
E2 =2 2 (iZk).

0z 2p—2;°
(1)

Cb gpyroff cropoEH, moJarad

¢ ()
V() =(93"“93'k) )

1}4'(.76)__ b 1 .
\P(x)_zw—-%‘i ndtrs

HAXOJAND

(&)

(m—-x;,.)?'(x)—-cp(m)ﬂ 1 =S
(x—xk)P(2) —zm—-x,-’ (1’<k)
@

1 pbrag o = xp, HAXOTEMD
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120, |
29 Lo

(i)

OTEYJ8
dlgA  ¢"(zp)
oz 9 (@k)’
® ypasmenie (6) naaers

2k (1 —2)¢" (1) + (26— (¢ +B) ) ¢ (24 ) =0
s k=1, 2,...n,
Cabposarersro, mwbiaa ¢ymenia n-ofi cremennm
(1 —2)¢"(2) + (e — (¢ + B)z)g (2)

OTARYATCA OTH ¢p(Z) TOABEO NOCTOAHHHMD MHOEATEJIEMD, KOTODHIH,
0U6BHNHO, DaBOH'D |

—n(e+B+n—1),
TAEDh YT0 OKOHYATOJIRHO HMBeMD
#(1=2)¢" (@) + (a—(@ + B)2)%' (x) +n(et + B +n— 1)p(x) =0,

& MOTOMY v(@)=1T,(«, B, z),
9T0 # TP. LOK.

JL14 BHURCIeRi canaro maximum’a pyusniz @, sanbuaeMs, UTO

[ 2g0.0. 2,12 [(1—2,) (] —-x;)....(-l——xn)]ﬁ=
=[(—1)"T,(«,B8,0)]*[ T,(, B, 1) }P=
_ [a(et1).... (etn—1)12[B(B41)...(B+n—1)]B

[(a4B+n—1)(atB+n)....(a4 B+ 2m—2)|2+B

Cabrosateasro, Bee IBI0 CBOJUTCA Kb BHUHCIGHIN JHCEPHME-
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nanra I1(z;— 2x)* dyaenin T,)(«, 3, ).

Ina orofi mhbaa sambuaews swbers cb I'. Stieltjes, aro ecam
X ectp mbiaa ¢yHENia cremems x, ¢b Kodpguuientons | upm 2",
X,—ea UPOU3BOJHAA, Xy, T,,... L, — 64 Kopad, & X,, X,,... X,
parp ¢ynenif Ilrypma, cocraBiseMHXD m0 cXenb

X=QX,— X, X, =, X, — X,y..e X, ;=@ X, — X, VI

10, 0603Hayaa wepesd A,, A,,...A4, EodpPUIIeATH OPE BHCIHUXD
cremenaxb x Bb Qyusniaxs X,, X,,...X,, Oyiewdp umwbrs jpia
BHpPagmeHid JnCEpuMANAHTa Qyukniz X cabayomyn ¢opuyiry

A=Iz;—zr) ' =A4,°4,"....4%,_, X, (8)
n ;
A=A12A22¢oOaA2n_‘An,
noromy uro X, == mocroanmomy A,.

Jra (opuyla €cTh TOIBKO YACTHHE cayuail dopmyrs, moxyyae-
uuxb 00 reopend Cuipsecrepa m Bopxrapara (cm. Serret, Cours
d’Algébre supérieure, T. I, crp. 570), BB cmry Eoropoif BooGue
unbers

A12A22 o8 C.A.Qk_ i Xk—_——
=@, — %) oo (B, —2p) e e (@ 2y — ) (B— L) - o (2 - 2),
OTEYJA BHTeKA0T, UTO
S.’ 31 9y oo Sk"l
Sl’ Sg, e s e Sk

AIAT ol :

Skeyy Sky s Sokaq
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b sy=u"+z"+.... + 2"
Ofpamadcs Kb Hamemy CIy4aw, B KOTOPOMD
X=T,(a, 5, z),
X =T(8, r)y=nT,.  (e+1,B84+1, 1),

rbrows T, (e, 3, 2) na T', (a,3,4) m 0603HaUAEMD YACTHO®
qepesd ¢, a 0cTaTOKb uepess K.

Hopcrabrsa 36 gopuyny I

T,—QT,+ R, Haxopums :

0

§lm“"'(1—m)ﬁ"{QT'n+R‘9 it =N

moxarad 0,.,==z(1 —=x)0,.,, rub 0, , — npoussoasHas nbiaa
(YHKI[lA CTEHeHH He BHmEe #— 3, HAXOLIMD:

0

1 ;
J, (1 =2 {nQT,. (a+1,B+1,0) + k4, a5 =0
wan sambuas, uro ¢ ecrp 1-o0ff cremeHm OTHOCHTOABHO &,

s' (L —4%)P RS, .do=0,

0

OTEYA2 M BHTOKAeTH, 4T0 £ OTIHYAETCA OTD
Tper (2+1,8+1, )

TOABKO HOCTOARHHNE MHOEETOJMH., Takuwb 06pa3oMd HAXOLUMD CO-
OTHOIIOHIO

Tn(“ﬂeyx)=QT'n(“iﬁax)—CaTn-z(“ & o I:B"l"l:x): (3)
b ¢, — moCTOAHHOE.

I1a ompejbrenia c,, ymgomaems o6b uacrm paencrsa (8) ma
z7( 1 —:v)ﬁTn-, (¢+1,8+1, ) dv n umrerpupyems orp O
go 1; Torja mOAyuEMD:
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S‘a)“‘l (l—m)ls-lTn(“;Bax)m(l—x)Tn-n(“+ 116 +1,2x)dz=

L)

— | A= 2)Q T,  (a+ 1,B+ L) T4, 2 |

0

i
—a | (1 ~ 9P Ty, (e 41,8+ 1,0)do
ke
naa 3aMbyag, uro Kodd@uiieHTH OpH BHCIAXD CTONOHAXD % Bb
¢ymeniaxs 7', pasin 1, moxyumws:

_Si (1 '—m)ﬁ-l T, (=, A3, :v)dx=

0

‘1 2*(1—2)P T, (¢4 1,8+ 1,2)ds

—_=

- S’m“(l—w)ﬁT*n-v (x+1,B8+1,2) de.

0

Beh marerpaid, BXojAmiie Bb 9Ty Popmyiy, MOTYTH OHTH B3ATH
mo Qopuyrbs (5), mocas dero moxyIAEME:

p =(n——l)(oc+%—l)(ﬁ—l—%——1) ; (9)
' (etBt2n—3) (et pt2m—2)

Taxke, sawbames b dopuyrh II ¢ Ha ¢+1, B Ha B—I;l,
n Ha % — k, moxyumubh ixa k>3 cooTHOmeHie
Tn-]in(“"l_l;B“‘}‘l’m):
= Qn-ks Tn-k+1(“+lag+ lax)""can-k(“'l'l:B‘l'l;w)r

(k1) (b VY- 1) (e B —h 1)
(2Bt 2n—2k1-1) (-t B1-20—2h-2) (-t 2n—2k+3)’
(10)

ribecp=—

& (papyy — JHHOHHAS QYHENIA.
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Taxund ofpasows mwbews cabaywmifl pags coormomeni

T, (“;B’x) =QT,n(“:Brx)"'Gn Typo(x+1,8+1,2),
Tn-:(““}'I:B"i’ ]!m)=

=Qn-aLp-q(+ l:@"’f"lyw)—csTn-s(“"I‘]:B‘}'l:x):

Lyonlast) =gn-51-:u-3(---')—04Tn—u(°f°-)’ »

VII

T,(....) =4, T,(....) — c,.
Uro6n mpmBecTH 9T0TD paLb coorromenifi &b Buxy VI, mosaraews
Tn ( o, B: :17) =X
T'n(“:FBsm)=X1:ctTn—1 (e I;B”}‘];x),
r1b ¢, =mn, u yunomaens pavencrna cucteMu VII coorsBrersenno na
‘ 1, 615 05y 065, 63645 €656, €6,C5y.0...

Torpa cucrema VII mpusegerca b Bupy VI, npuuews Gynemn
UMBTh:

.z‘(2 == Cng_g(“’i“l,B‘i‘ l’x)!
X,=ce, Ty ,(¢+1,8+1,2),
1 BooGme

Xk=clcs....can_k(u—]—I,B+1,x), 114 k HedeTHATO,
Xp=0C,CseeenC Ty y(x+1,8+1,2), nag k wuersaro.

Cabrosareasno, wospdumienrs A; upu z""* »p pyrsnin X;
OVIOTD DPABEHD C, Cyevwe... Gy B HEPBONWD M €, Creneroes Cx BO
Bropons cayuab. Oreoga Bt 000EXD CAYIAAXD HAXOLENMD

2 k_ k-
Algqu-ot-o-A k"lAkzcl CQ l-oc-GQk.‘Ck

H, B3ABD BHpamenia cz mo gopuyrans (9) u (10), okoruarempHo
DOAY94ENE: "




Soy S Sk-1

8‘, SQ, -..Sk
A!aAagna.oAgk_lAk;‘ —_

Sk-13 Sky o+ +Sak-1a

k—r k—3
H(ﬂ‘?")k'r(oﬁn- 1 _r)k-x-r (B_'_n_ 1 _T)A--:-r ]:[ (ct+B+n-2-T)k' 2~p
r=0 r=0

= 2k—3

H (‘”+B + 2%—2—7)2}“'2-"
r==0

Opr k=mn, uolyuaewp BHpamenie JHCKDEMUHAHTA (YHELIA
Ll B,x)

Ko 2233, .. 0 (ol ) (a2) ... (odn-1)2 (Bl ) (B+2)7.... (Bn-1) 7!
T (aBn—1) @ Bn)t . (atB2n—2)t
(11)
Hepemmomaa (V) u (11) Haxoguwd 4 Beruumny maximum’'a @,
4 MMHHO

ﬁ yT (atr—1 )+ = (Bpp—1)Brr=1 .
(u+,8+n+r“2)d+)9+n+r-2 : ( )
f e
I+ 14=2
cam Bp Qopuyrd I samBaumsd x depess _zf H 2 98Pe3sb —-_5-— 7

i T0J0OKIMD

Tn (“’, 69 CU) =Tn “!B: }'%‘?) H
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10 T', (&, 3, ) Oyrers nbiaa Qyurnia x-of cremems o015 z,
YLOBIETBOPANIAA YCIOBLIO

1
5 A +2)% (1—2)B-1T, 0, dw=0,
=1

rib 0,., — upoussorsHas whiag Qynknia crememm He Bhme n— 1,
a Tak®e u JuddepenniaIpiony ypaBHEHID

(1—2* %+(w—3—(d-+8)w)%+%(n-l +a+B)y=0. (13)

Hopar oroff Qymsniz &,, &,,....&, cbasamH ¢ KopHaum
Ly, Boyes--, Qyuenmiu 7, coormomeniend & ==2z;—1,.a mo-
TOMY AECKpmMuHAnTH Qynkmim T, (e, (3, «) uokyumrca uepesb
yMHOXeHI® JHCEpUMEHAHTA (ynemin 7, ma 27 G

Opn =B =1 ¢yaenia T,(1, 1, #) oramuacrca ors Jle-
HapJposoli QyRENIM TOIBKO LOCTOAHHHMD NHOKUTEACMB, LOITOMY
u3h UPeAHAYMEXD (QOPHYID HDPAMO HOAYIAKTCA AHAAOTHIHHA POP-
myae paa Jemangposeixs ¢ymsnid, gammsa I'. Stieltjes.

Bupamenie ¢pyunsuin T, (e, 3, x) mo dopuyrs (1) coxpanaers

s Hpﬂ “=B = O ; {byHEniﬂ Tn, (O’ O) .’L') &= 11#(0) 0’ 1 ‘; m)

yA0BA6TBODAGTD AuPePeHIIAILHONY YPABHORID
d st 7
(l—ww")d—j;-kn(%wl)y=0 (14)

W, KA BHJHO U3B UPeAHAYIAr0, o0Iajaers TEMB cBOECTBOMD,
qro #35 BebXb Whiwxbp Qyaenifi n-off cremen:m orb 4, KOPHME KO-
TOPHXD BONECTBEHHH H HE BHXOAATDH H3B npejbross—1 un +1,
¢pyEEnia T, (0,0,z) mwbers mamborpmifi JHCEPEMEHAHTD., SHAUG-
Hie 9T10T0 JucEpmMEEAHTA A, moxyuaemd mo dopuyrs (11), ymmo-
saa ga 20" g noxaras e=[3=0, 910 maeTH



= . =

on(n-1) 1,92...w7[1.22. .. (n—1)*"'T
L= T =L, (20—2) e
1.922,..001.22... (n—2)"% 1% 04 38 .. (n—1)%*"-2.2" (n-1) A
= 1 .2‘2...(n—‘.&)“—-l(n_l)n-t_”_(2%___2)m-2 5
1.9% .0 1.2%... (n—2)"""
=1 3.5 .(m—3)"

@yuemia T, (0, 0, ) oTamuaeTcd TOALEO MOCTOSHAHMT MHOKATE=
aews orb QyEEmin U ompepbadeMoll PaBeHCTBOMD

n—cn
\/I-»2wz+z”=2U e (15)

n
n=0

Bs camons nbih, pasemcrBo 810 UPH 2 = b 1 ofpamaerca Bb

n—auw
- 1bz= 2 U, 2", OTKYJA BELEND, UTO IPH n>2, U (+1)=0,
I {—)w=

J]',ﬂ(bq)epeauﬂpya (15) mo z, HAXOLEMD

vl——Qa,z-— -‘_2

OTEYA®, 0003HAUAL JlemanfpoBy (pyEELin 7-0ff cremeEn 4epesd e
pnbens:

U ‘—‘:_—_Xn-t A

n

5 X
n cabposarensso, U = — S X, . dz.

n
—1

Iludpepentiatbaoe ypasmerie fia JlemangpoRHXD Pynemiii jaeTs

;%((1 — &) X, )= —nfn—1) Xy
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OTEYa

%((1 —:z:’)U"n>= —n(i=1)T",

H HHTOIpApPyd 0T% —1 10 2, HaxozWMB
(1—2")U", +n(n—1)U,=0,

H, Bb cury ypasmemia (14), moxyuaems

U,=C.T,(0,0,2), aro m 1p. H0E.

-1 B -1
z l—z dz
Ioraras BB s S
r—z
0
" £
=1 2 =B—1’ r = 57 [ YyBoIudmBag sarbus B 10 oo,
moxyyaemsb BB JI0NOIHeHie KD pesyasraramd I'. Stieltjes eme cxkb-
Iy0Iii.

dnanenaress n-off moxxogameif Bh pasiomenim

We=%du 1
— 12

0 E—u é’...]_ =
22
E—3— —

F——

-----

ects wbrax gymemia b (&) n-of erememm orp £
n'(n—1)>*
VO =E—wf L :
YIOBIOTBOPANIIAA YDPABHOHIW

d?
e

r obzajalmas TEMB cBoHCTBONB, UTO BHpAZKEHie

+(1—pF+ b=,
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El Ese"""'gne——(a-'-fi—*_ ..... ) H(Ei"'ék)gs

rib Bed &> 0, mocraraers CBOEIO maximum’a, Korja mepewha-
HHA &; IBIA0TCA DPABHH KOPHAND (QYHENiH ¥ (&)
Maximum 3roT®s paBens

& LUCEpEMEHAHTD QyHEDim , (£) ‘pasers

et

Cu6. 31 Assapa
1886 roaa.



OIIEYATRE N,

SAMBUEHHHA BB CTATHE I. ®n0P0BA,

Cmpan.  Cmpor. Haneuamaho: Candyenms:
1 1
144 b5 cuugy EPT" £l
- 148 1 ceepzy I‘(l—w+a p+? I‘(l-——n+aa+p+n>
1 1
7 =1 o i
150 1 crusy -I—eg Bwﬁ, g =1 +-e9 'Bwﬁ, 9° =1
151 9ceepry T (w17+u ?+1> h (up+“+i_1>
& 4
ol [l
i=0 i=1
< 1
152 4 — g%*= %

oLi.




